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A Introduction
Here, I present the derivation of the (symmetric) equilibrium conditions and the deterministic steady state
characterizing the two-country economy in my paper ‘A Monetary Model of the Exchange Rate with Infor-
mational Frictions’. I also study the linearization of the resulting system of equations. Since the model is
built around two (almost-)symmetric countries, my analysis is substantially tilted towards the problem of
the home country unless otherwise noted.

B The Equilibrium Conditions
The equilibrium conditions of the model pin down the policy rules used by rational households to determine
their consumption-savings optimal path, by firms to decide their optimal pricing policy, and by financial
intermediaries to solve their optimal portfolio allocation problem. These equations are complemented with
a pair of stable money demand and labor supply functions per each household, and a resource constraint
that summarizes the budgetary constraints of all the economic agents in the economy.

Assets

Home Households Foreign Households

Home Goods Foreign Goods

LaborLabor

Financial Intermediaries

Figure 1. The Structure of the Economy

B.1 The Representative Household’s Problem

The Optimization in the Home Country. The maximization problem of the domestic household j in
the home country is expressed as,
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where λj,t refers to the Lagrange multiplier, and the expectations operator Et {·} ≡ E {· | Ht} is conditional
on a given information set Ht. Individual consumption, Cj,t, money demand, Md

j,t, demand for domestic
bonds, Bj,t, and labor supply, Lsj,t, are ‘effectively’ chosen at time t by the household itself. The habit
component is observable at time t because all information up to time t − 1 is public, but is treated as an
externality. The current domestic preference shock, ξt, is also observable.
Households select their optimal strategy at time t prior to the opening of the markets. Even though

consumption prices1, Pt, wages, Wt, and interest rates, it, are not observable, households understand that
the information in Ht allows them to generate ‘imperfect’ predictions of them. Naturally, this could affect
their choices. In fact, if second-order effects are negligible (as it will be assumed whenever log-linearizing
the equilibrium conditions) and information is common and perfect (that is, the realization of all shocks
is observable by all agents up to time t prior to making a decision), then they may be able to anticipate
correctly the prices that will prevail in each market before it opens up (perfect foresight).
For tractability, I assume that the households pre-commit to a pair of stable money demand and labor

supply rules, i.e.
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These rules correspond to the first-order conditions of the domestic households’ problem for Md
j,t and L

s
j,t in

the standard model. This means that households pre-commit to operate in the money and labor markets as
price-takers. Relaxing this characterization would be conceptually straightforward, but adds more complexity
to the algebraic derivation of the model without significatively altering its qualitative results. In this sense,
I can re-interpret the households’ problem as an optimization program with random bond prices, and focus
on the effect that information has on the more relevant ‘consumption-savings’ margin.
Taking (1) and (2) as given, the first-order necessary conditions for the home country are reduced to,

Cj,t : exp (−ξt) (Cj,t − bCt−1)
−γ − λj,tPt ≤ 0, = 0 if Cj,t > 0,

Bj,t : −λj,tEt
1

exp (it)
+ βEtλj,t+1 ≤ 0, = 0 if Bj,t > 0.

After some simple algebra, I derive the following equilibrium condition for an interior solution,
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which restates the standard first-order condition replacing the price of the domestic bond with its expected
value. The budget constraint is satisfied with equality ex post.

The Optimization in the Foreign Country. The maximization problem of the foreign household j can
be characterized in a similar fashion. Analogously, I start with a pre-commitment to,
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, (5)

1 In fact, the household takes as given the prices Pt (h) for all varieties h ∈ [0, n] and Pt (f) for all varieties f ∈ (n, 1].
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and I obtain the following first-order condition for an interior solution,
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The budget constraint is satisfied with equality ex post.

The Demand Curves. The home and foreign consumption bundles of the household, CH
j,t, C
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while aggregate consumption, Cj,t and C∗j,t, is defined with another CES index as,
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The domestic and foreign households are also pre-committed to a standard allocation across varieties and
bundles. Given the structure of preferences, the solution to the sub-utility maximization problem implies
that the households’ demands for each variety are given by,
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while the demands for the bundles of home and foreign goods are simply equal to,
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Because the problem of all domestic households is identical (symmetric), I drop the subscript j from now
on. Similarly for the foreign households.
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The Price Indexes. Under standard results on functional separability, I infer that the price indexes
corresponding to the specified structure of preference are,
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Home and foreign households have identical tastes and, therefore, their respective price indexes are symmet-
ric, i.e.
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B.2 The Representative Firm’s Problem

The problem of the firm becomes dynamic in the presence of nominal price rigidities à la Calvo (1983).
Following G. Benigno (2004), I allow for differences in the ‘degree of price stickiness’ across producer locations
and between domestic and foreign markets (i.e. αH 6= αH∗ 6= αF 6= αF∗).

The Optimization in the Home Country. Whenever technologies are linear in labor, the optimization
problem in the domestic and foreign markets can be easily separated for any given firm. This fact turns out
to be very convenient to compute the optimal pricing rules. Let me define the intertemporal marginal rate
of substitution (IMRS) as,
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for any τ ≥ 0. Then, the maximization problem of firm h in the domestic market discounted on the basis of
the domestic household IMRS is expressed as,X∞
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while in the foreign market is given by,X∞

τ=0

¡
βαH∗

¢τ Et½Ξt,t+τ eY d∗
t,t+τ (h)

∙
St+τ eP ∗t (h)− Wt+τ

exp (at+τ )

¸¾
,

where eY d
t,t+τ (h) and eY d∗

t,t+τ (h) refer to the demand functions for a fixed time t price, and the expectations
operator Et {·} ≡ E {· | Ft} is conditional on a given information set Ft. The prices of the good in each mar-
ket, ePt (h) and eP ∗t (h), are ‘effectively’ chosen at time t by the firm itself. The current domestic productivity
shock, at, is observable, and all information up to time t− 1 is public.
Firms select their optimal pricing strategy at time t prior to the opening of the markets. Even though

4



consumption prices2, Pt, wages, Wt, and interest rates, it, are not observable, firms understand that the
information in Ft allows them to generate ‘imperfect’ predictions of them. Naturally, in this context, their
forecast of wages has implications for their optimal choices and the dynamics of prices. For tractability, I
assume that firms pre-commit to satisfy the consumer’s demand derived in (7)− (10) at the fixed prices until
they can re-optimize again, i.e.
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for any τ ≥ 0.
The first-order necessary conditions for the problem of a monopolistic competitor can be expressed as

follows,
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After some algebra, this would give me the following equilibrium conditions for an interior solution,
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which correspond to the standard first-order conditions for the problem of firm h. The consumer’s demand
is fully satisfied ex post in every period at the chosen prices.

The Optimization in the Foreign Country. The maximization problem of the foreign firm f in the
domestic and foreign markets can be characterized in a similar fashion. Analogously, I start with a pre-
commitment to,
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2 In reality, each firm ‘knows’ what the average firm not allowed to re-set prices does, because all information up to t− 1 is
public. If the firm was allowed to re-set prices, it would also ‘know’ the optimal price of its variety. In a symmetric equilibrium,
this implies that all producers in each country have enough information to infer the price of the bundle of all their varieties in
the domestic and foreign market.
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and I obtain the following first-order conditions for an interior solution,

ePt (f) : ePt (f) = θ
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where the expectations operator Et {·} ≡ E {· | F∗t } is conditional on a given information set F∗t , and the
foreign IMRS is,
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The demand in each market is fully satisfied ex post every period at the chosen prices.

B.3 The Representative Financial Intermediary’s Problem

The maximization problem of the financial intermediary z is expressed as,

Et
½
Xz,t+1 − exp (it)Xz,t −

λ
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¡
StB

F
z,t

¢2¾
,

where λz,t refers to the Lagrange multiplier, and the expectations operator Et {·} ≡ E {· | It} is conditional
on a given information set It. Notice that the net position in foreign assets is ‘effectively’ chosen at time
t by the intermediary itself. Intermediaries observe the money supply shock in both countries, mt and m∗t ,
and all information up to time t− 1 is public.
Intermediaries select their optimal strategy at time t prior to the opening of the markets. Even though

consumption prices, Pt and P ∗t , wages, Wt and W ∗t , interest rates, it and i
∗
t , and nominal exchange rates, St,

are not observable, intermediaries understand that the information in It allows them to generate ‘imperfect’
predictions of them. Naturally, their forecast of the nominal interest rate spread and the depreciation of the
nominal exchange rate will affect their portfolio allocation as well as the ‘instrumented’ levels of international
borrowing and lending (between the home and foreign country).
For tractability, I assume that intermediaries pre-commit to satisfy the intertemporal budget constraint

with equality, i.e.

Xz,t+1 = exp (it)Xz,t + StB
F
z,t

∙
St+1
St
− exp (it − i∗t )

¸
,

where Xz,t denotes the wealth of intermediary z at time t, and BF
z,t is the net foreign asset position of

intermediary z at time t. The first-order necessary condition of the intermediary can be expressed as follows,

BF
z,t : Et
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−λStBF
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− exp (it − i∗t )

¾
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After some re-arranging, this would give me the following equilibrium condition for an interior solution,

BF
z,t : Et

½
St+1
St
− exp (it − i∗t )− λStB

F
z,t

¾
= 0, (21)

which is similar to the uncovered interest parity equation with the addition of a risk premium term linked
to the net foreign asset position and the replacement of the interest rate differential by its expected value.
The intertemporal budget constraint is satisfied with equality ex post. Because the problem of all financial
intermediaries is identical, I drop the subscript z from now on.
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B.4 The Resource Constraint

In this model, the control variables for households are money demand, labor supply and bond-holdings
(savings). Given a choice of controls, consumption is determined from the budget constraint of the household.
Consumption, therefore, adjusts ex post to ensure that demand and supply equate in all markets. The control
variable for the financial intermediaries is their net foreign asset position, while wealth adjusts ex post to
guarantee that the intertemporal budget constraint is always satisfied. The control variables for firms are
the prices they charge for their own variety in the domestic and foreign markets for as long as the no-
reoptimization spell lasts, while ex post output supply adjusts to guarantee that ex post the consumer’s
demand in every market is satisfied at the chosen prices.
This discussion is needed here because in a model with incomplete and asymmetric information I need to

distinguish between ex ante decisions and ex post realizations. Agents either choose their controls optimally
or pre-commit to a rule before the markets open. Their decisions depend on how they forecast the price
system for the economy, and the error involved in that. Then, markets open and prices clear them. Hence,
consumption for households, wealth for financial intermediaries and output for firms should adjust ex post
to ensure that individual and aggregate constraints are always enforced. In other words, ex post the budget
constraints have to be satisfied in each state of the world that the economy reached.
Aggregating the ex post budget constraint (under equality) for every household in the home country, I

get that
Bt
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+Md
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s
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Using the domestic money market clearing condition, i.e. Md
t = exp (mt), and the domestic government

budget constraint, i.e. TRt = exp (mt)− exp (mt−1), it follows that
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s
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The profits of the firm distributed to shareholders are,
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The labor market and goods market clearing conditions require that Lst =
1
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R
Ldt (h) dh and Y s
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nCt (h) + (1− n)C∗t (h), respectively. In a symmetric equilibrium Lst = Ldt (h). Then, if I combine this with
the demand curves described in (7) and (9), I can write that
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where Bt is the per capita domestic household’s bond-holdings.
Using the price sub-indexes in (12) and (15), it is easy to prove that
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so I can express the resource constraint as follows,
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where the real exchange rate is defined as RSt ≡ StP
∗
t

Pt
. This holds true in per capita terms independently

of whether the prices are flexible or sticky.
Let me denote BH

t the net domestic asset position of the financial intermediaries, i.e. BH
t = Xt+1 −

St+1B
F
t . I assume that bonds are in zero-net supply, therefore Bt = −BH

t . Moreover, it must hold that
the net value of investment flows of the financial intermediaries into the foreign bond market (expressed in
units of the domestic currency) must be the reciprocal of the net value of investment flows coming into the
domestic bond market, i.e. ∙

1

exp (it)
BH
t −BH

t−1

¸
= −St

∙
1

exp (i∗t )
BF
t −BF
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¸
.

Hence, I obtain the following resource constraint,

1

exp (i∗t )
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nCt +RSt
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where BRF
t ≡ StB

F
t

Pt
is the real value of the net foreign asset position of a representative intermediary.

Equation (22) is the so-called current account equation.

C The Deterministic Steady State
By construction, the unconditional mean of the shocks driving the model is zero3, i.e.

Eθt = (Emt,Em∗t ,Eξt,Eξ
∗
t ,Eat,Ea∗t )

T
= 0T .

I require that all shocks be evaluated at their unconditional mean in steady state. I also conjecture the
existence of a (symmetric) deterministic steady state in which prices, consumption and the nominal exchange
rate are constant, i.e.

Pt+1 = Pt = P, P ∗t+1 = P ∗t = P
∗
,

Ct+1 = Ct = C, C∗t+1 = C∗t = C
∗
,

St+1 = St = S.

Then, I characterize the zero-inflation steady state as follows:
Given my conjecture and the Euler equations in (3) and (6), it follows that the steady state interest rate

in both countries is identical and equal to the inverse of the rate of time-preference,

β = exp
¡
−i
¢
= exp

³
−i∗

´
.

Here I used the assumption that Eξt = Eξ∗t = 0. From the firm’s first-order conditions in (17) − (20), I
3Notice that I not only require that E¢ξt = E¢ξ∗t = 0. I also impose that Eξt = Eξ∗t = 0.
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obtain that the law of one-price (LOOP) holds in steady state, i.e.

eP (h) = eP ∗ (h)S = θ

θ − 1W, (23)

eP (f)
S

= eP ∗ (f) = θ

θ − 1W
∗
. (24)

Here I used the assumption that Eat = Ea∗t = 0. Notice that the pricing policy corresponds to the solution
of the monopolistic competitor’s problem under flexible prices. In other words, prices are set by the Dixit-
Stiglitz monopolistic price-setting rule in steady state, and firms charge a mark-up over marginal costs.

Moreover, profits per unit of output in steady state are proportional to steady state wages, i.e.
³

1
θ−1

´
W

and
³

1
θ−1

´
W
∗
respectively.

I write the steady state price sub-indexes in equations (12)− (13) and (15)− (16) as follows,

P
H

= eP (h) , PH∗
= eP ∗ (h) , (25)

P
F

= eP (f) , PF∗
= eP ∗ (f) , (26)

and,
P
H
= P

H∗
S, P

F
= P

F∗
S.

Using the price indexes in equations (11) and (14) evaluated at their steady state, I also infer that the real
exchange rate should be equal to one,

P = SP
∗ ⇒ RS ≡ SP

∗

P
= 1.

From the portfolio allocation rule obtained in (21), I know that the (nominal and real) net foreign asset

position of the financial intermediaries in steady state is zero, i.e. B
F
= B

RF
= 0, if λ 6= 0.

It follows from the current account in equation (22) that in steady state,

C =

Ã
P
H

P

!1−σ
nC +

Ã
P
H∗

P
∗

!1−σ
(1− n)C

∗

=

Ã
P
H

P

!1−σ h
nC + (1− n)C

∗i
.

From the steady state price index implied by (11) it is possible to re-write the current account as,

C
∗
=

Ã
P
F

P

!1−σ h
nC + (1− n)C

∗i
,

so I infer that the ratio of the consumption level across countries can be expressed as a function of the ratio
of domestic good prices relative to foreign good prices in steady state,

C

C
∗ =

Ã
P
H

P
F

!1−σ
. (27)

9



The labor market and the goods market clearing conditions imply that in steady state,

L
s
= L

d
(h) = Y

s
(h) ,

Y
s
(h) = nC (h) + (1− n)C

∗
(h) ,

L
s∗

= L
d∗
(h) = Y

s
(f) ,

Y
s
(f) = nC (f) + (1− n)C

∗
(f) .

Here I employed the assumptions that technologies are linear in labor and Eat = Ea∗t = 0. Using the demand
equations in (7)− (10), I argue that for any variety h ∈ [0, n] and f ∈ (n, 1] it must hold true in steady state
that,

L
s
= nC (h) + (1− n)C

∗
(h) =

Ã
P
H

P

!−σ h
nC + (1− n)C

∗i
, (28)

L
s∗

= nC (f) + (1− n)C
∗
(f) =

Ã
P
F

P

!−σ h
nC + (1− n)C

∗i
. (29)

The labor supply equations in (2) and (5) evaluated at their steady state values give me that,

W

P
= κ (1− b)

γ ¡
C
¢γ ³

L
s
´ϕ

,

W
∗

P
∗ = κ (1− b)

γ
³
C
∗´γ ³

L
s∗´ϕ

.

Hence, using (23)− (29) I obtain that real wages satisfy these pair of conditions,

θ − 1
θ

P
H

P
=

W

P
= κ (1− b)

γ ¡
C
¢γ⎛⎝ÃP

H

P

!−σ h
nC + (1− n)C

∗i⎞⎠ϕ

, (30)

θ − 1
θ

P
F

P
=

W
∗

P
∗ = κ (1− b)γ

³
C
∗´γ⎛⎝ÃP

F

P

!−σ h
nC + (1− n)C

∗i⎞⎠ϕ

. (31)

After some re-arranging, it immediately follows that

P
H

P
F
=

µ
C

C
∗

¶γ Ã
P
H

P
F

!−ϕσ
.

If I use (27) now to replace the ratio C
C
∗ , I get that

P
H

P
F
=

Ã
P
H

P
F

!γ(1−σ)−ϕσ

.

Therefore, as long as γ (1− σ)−ϕσ 6= 1, this equality can only hold if PH
= P

F
. As a result, I immediately

10



infer that in a symmetric steady state prices and consumption satisfy these equalities,

P = P
H
= P

F
, P
∗
= P

H∗
= P

F∗
,

ToT = ToT
∗
= T = T

∗
= S = 1,

C (h) = C (f) = C, C∗ (h) = C∗ (f) = C
∗
, C = C

∗
.

This means that perfect international risk-sharing holds in steady state, and hence consumption is fully
equalized across countries.
Using the fact that P = P

H
combined with (30) allows me to derive the following characterization of

steady state consumption,

C = C
∗
=

∙
κ (1− b)

γ

µ
θ

θ − 1

¶¸− 1
γ+ϕ

. (32)

Notice how consumption in steady state is related to the mark-up charged by firms, i.e. θ
θ−1 , the habit

formation parameter, i.e. b, and the preference weight on labor disutility, i.e. κ. This function is decreasing
and convex in the mark-up. Notice also that the steady state output and labor equilibrium levels are identical
to the right-hand side in (32) because it follows that,

L
s
= L

s∗
= Y

s
(h) = Y

s
(f) = C = C

∗
.

I evaluate the money demand equations in (1) and (4) at their steady state values and obtain that,

PC = P
∗
C
∗
=

1

1− b

µ
1− β

χ

¶ 1
γ

. (33)

Here I employed the fact that money markets clear and Emt = Em∗t = 0. This equation implies that a
version of the quantity theory of money holds in steady state. The left-hand side appears expressed in terms
of nominal consumption. However, in steady state consumption equals output in each country, and this is
consistent with the quantity theory. The right-hand side should include the velocity of money times the
money supply. By construction, money supply is equal to one (since Emt = Em∗t = 0) in steady state.
Therefore, the right-hand side of (33) corresponds to the steady state ‘money velocity’ by analogy. Money
velocity is related to the rate of time preference, i.e. β, which is also the inverse gross nominal interest rate
in steady state, to the habit formation parameter, i.e. b, and to the preference weight on utility from real
balances, i.e. χ.
Substituting (32) in (33) I infer that the steady state consumption price index is equal to,

P = P
∗
= κ

1
γ+ϕ χ−

1
γ (1− b)

−ϕ
γ+ϕ (1− β)

1
γ

µ
θ

θ − 1

¶ 1
γ+ϕ

. (34)

Furthermore, combining (23)− (26) with (34) and P = P
H
= P

F∗
= P

∗
, I also obtain that the steady state

wages are equal to,

W =W
∗
= κ

1
γ+ϕ χ−

1
γ (1− b)

−ϕ
γ+ϕ (1− β)

1
γ

µ
θ

θ − 1

¶ 1−γ−ϕ
γ+ϕ

. (35)

This pins down the entire steady state of the model and satisfies my initial conjecture. Equations (34) and
(35) both depend on the rate of time preference, i.e. β, the habit formation parameter, i.e. b, the mark-up
charged by firms, i.e. θ

θ−1 , and the preference weight on labor disutility and on utility from real balances, i.e.
κ and χ respectively. Consumption prices are clearly increasing in the mark-up, while wages are decreasing
whenever γ + ϕ > 1. Notice also that the steady state interest rate, β−1, only affects prices and wages, but
not consumption or output in steady state.
Let me assume for the sake of argument that this parameter is an instrument that can be ‘chosen’ by a

central bank, or alternatively that the unconditional mean of money supply can be ‘set’ to be different than
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one. Both specifications produce similar results. My calculations suggest that the steady state outcome is
consistent with the notion of long-run neutrality of money. Monetary variables have only effects on the price
and wage levels, but not on production. However, in the short-run the presence of nominal rigidities (as
well as other frictions) in the model means that monetary variables can have real effects that have to be
accounted for.

D The Linearization of the Equilibrium Conditions
I linearize the equilibrium conditions around the deterministic zero-inflation, zero-current account steady
state (see also King et al., 1988). I approximate all variables in logs, except the real net foreign asset
position of financial intermediaries (in levels) (e.g., P. Benigno, 2001, and Thoenissen 2003). I denotebxt ≡ lnXt − lnX the deviation of a variable in logs from its steady state, and bXt ≡ Xt−X

C
the deviation of

a variable in levels from its steady state relative to steady state consumption (or output).
The approximation technique of each equilibrium condition is applied as follows:
(i) Let me assume the equilibrium condition can be expressed as Xit = Hi (X1t, ...,Xqt), and Xqt must

be approximated in levels. First, I re-express the equation in logs lnXit = lnHi

¡
elnX1t , ..., elnXq−1t ,Xqt

¢
.

Second, I take a first-order approximation in the log and level variables around the steady state, i.e.

lnXit ≈ lnXi +
Xq−1

j=1

1

Hi

³
elnX1 , ..., elnXq−1 ,Xq

´ ∂Hi

³
elnX1 , ..., elnXq−1 ,Xq

´
∂Xjt

elnXj
¡
lnXjt − lnXj

¢
+

+
1

Hi

³
elnX1 , ..., elnXq−1 ,Xq

´ ∂Hi

³
elnX1 , ..., elnXq−1 ,Xq

´
∂Xqt

¡
Xqt −Xq

¢
,

or simply,

bxit ≈Xq−1

j=1

∂Hi

¡
X1, ...,Xq

¢
∂Xjt

Xj

Hi

¡
X1, ...,Xq

¢ bxjt + ∂Hi

¡
X1, ...,Xq

¢
∂Xqt

C

Hi

¡
X1, ...,Xq

¢ bXqt,

assuming that Xi = Hi

¡
X1, ...,Xq

¢
6= 0. In this sense, each log variable on the right-hand side of the

previous equation is simply weighted by its steady state elasticity.
(ii) Let me assume the equilibrium condition can be expressed as Gk (X1t, ...,Xqt) = Hk (X1t, ...,Xqt), and

Xqt must be approximated in levels. First, I re-express both equations in logs lnGk

¡
elnX1t , ..., elnXq−1t ,Xqt

¢
=

lnHk

¡
elnX1t , ..., elnXq−1t ,Xqt

¢
. Second, I take a first-order approximation in the log and level variables

around the steady state, i.e.

lnGk

³
elnX1 , ..., elnXq

´
+
Xq−1

j=1

1

Gk

³
elnX1 , ..., elnXq−1 ,Xq

´ ∂Gk

³
elnX1 , ..., elnXq−1 ,Xq

´
∂Xjt

elnXj
¡
lnXjt − lnXj

¢
+

+
1

Gk

³
elnX1 , ..., elnXq−1 ,Xq

´ ∂Gk

³
elnX1 , ..., elnXq−1 ,Xq

´
∂Xqt

¡
Xqt −Xq

¢

≈ lnHk

³
elnX1 , ..., elnXq

´
+
Xq−1

j=1

1

Hk

³
elnX1 , ..., elnXq−1 ,Xq

´ ∂Hk

³
elnX1 , ..., elnXq−1 ,Xq

´
∂Xjt

elnXj
¡
lnXjt − lnXj

¢
+

+
1

Hk

³
elnX1 , ..., elnXq−1 ,Xq

´ ∂Hk

³
elnX1 , ..., elnXq−1 ,Xq

´
∂Xqt

¡
Xqt −Xq

¢
,
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or simply,

Xq−1

j=1

∂Gk

¡
X1, ...,Xq

¢
∂Xjt

Xj

Gk

¡
X1, ...,Xq

¢ bxjt + ∂Gk

¡
X1, ...,Xq

¢
∂Xqt

C

Gk

¡
X1, ...,Xq

¢ bXqt

≈
Xq−1

j=1

∂Hk

¡
X1, ...,Xq

¢
∂Xjt

Xj

Hk

¡
X1, ...,Xq

¢ bxjt + ∂Hk

¡
X1, ...,Xq

¢
∂Xqt

C

Hk

¡
X1, ...,Xq

¢ bXqt,

assuming that Gk

¡
X1, ...,Xq

¢
= Hk

¡
X1, ...,Xq

¢
6= 0.

(iii) Let me assume the equilibrium condition can be expressed as Gk (X1t, ...,Xqt) = Hk (X1t, ...,Xqt),
Xqt must be approximated in levels, and Gk

¡
X1, ...,Xq

¢
= Hk

¡
X1, ...,Xq

¢
= 0. Then, the equilibrium

condition can still be approximated as follows,

Xq−1

j=1

∂Gk

¡
X1, ...,Xq

¢
∂Xjt

Xjbxjt + ∂Gk

¡
X1, ...,Xq

¢
∂Xqt

C bXqt

≈
Xq−1

j=1

∂Hk

¡
X1, ...,Xq

¢
∂Xjt

Xjbxjt + ∂Hk

¡
X1, ...,Xq

¢
∂Xqt

C bXqt.

This formula is particularly useful to log-linearize the resource constraint.
(iv) If the equilibrium condition contains leads and lags of certain variables, I approximate the equation

around them too. If the equation contains expectations, then I use the fact that the expectation of the log
is approximately equal to the log of the expectation.
More details on the log-linearization are provided as needed in the rest of this technical note.

D.1 The CPI, the RS and the RP Equations

Let me start by describing the log-linearization of the domestic and foreign consumption-based price indexes
defined in (11) and (14). In steady state, it must hold that P

H
= P

F
and P

H∗
= P

F∗
. Hence, taking a

first-order approximation of the price indexes I derive the CPI equations as,

bpt ≈ nbpHt + (1− n) bpFt , (36)bp∗t ≈ nbpH∗t + (1− n) bpF∗t . (37)

I define the domestic and foreign inflation rates in deviations as bπt ≡ bpt − bpt−1 and bπ∗t ≡ bp∗t − bp∗t−1,
respectively.
I define the real exchange rate as RSt ≡ StP

∗
t

Pt
and the relative prices in the home and foreign country

respectively as Tt ≡ PF
t

PH
t
and (T ∗t )

−1 ≡ PF∗
t

PH∗
t
. Therefore, it immediately follows that the RS equation is

approximately equal to,

brst = bst + bp∗t − bpt (38)

≈ bst + ¡nbpH∗t + (1− n) bpF∗t ¢
−
¡
nbpHt + (1− n) bpFt ¢ .

And, the RP equations take the form of,

btt = bpFt − bpHt , (39)bt∗t = −
¡bpF∗t − bpH∗t ¢

. (40)

I denote world relative prices, btWt , and the discrepancy on relative prices across countries, btRt , as follows,btWt ≡ nbtt − (1− n)bt∗t ,btRt ≡ btt + bt∗t .
13



Hence, the RP equations can also be expressed in terms of btWt and btRt as,
−bt∗t = btWt − nbtRt ,btt = btWt + (1− n)btRt .

I define domestic and foreign terms of trade respectively as ToTt ≡ PH
t

StPH∗
t

PF
t

PH
t
and ToT ∗t ≡ 1

ToTt
=

StP
F∗
t

PF
t

PH∗
t

PF∗
t
. Then, I can infer that,

ctott ≡ ¡bpHt − bst − bpH∗t ¢
+ btt,ctot∗t = −ctott = ¡bst + bpF∗t − bpFt ¢+ bt∗t ,

which in turn allows me to re-write the real exchange rate as,

brst ≈ nbtt − (1− n)bt∗t − £bpFt − bst − bpH∗t ¤
= btWt − ctott.

Relative prices and terms of trade represent different measures of the value expressed in units of the local
currency of imported goods in terms of the domestic good. The relative prices indicate the cost of replacing
one unit of imports bought in the ‘local market’ with one unit of the domestically-produced good. The terms
of trade ratio, in turn, expresses the cost of replacing one unit of imports with one unit of exports to the
‘foreign market’. These calculations show that movements in the real exchange rate can be thought as the
result of differences between world relative prices and domestic terms of trade.
These formulas and definitions are very useful in the derivation of the linearized equilibrium conditions

of the model.

D.2 The Demand-Side of the Economy

D.2.1 The Investment-Savings Equations: ISH and ISF

To obtain the ISH and ISF equations I need to log-linearize the Euler equations in (3) and (6) around the
steady state, i.e.

E

⎡⎢⎢⎢⎣exp ¡−∆ξt+1¢
µ
Ct+1 − bCt

Ct − bCt−1

¶−γ
Pt
Pt+1| {z }

≡Ft+1

− exp (−it)
1

β| {z }
≡Gt+1

| Ht

⎤⎥⎥⎥⎦ = 0,

E

⎡⎢⎢⎢⎢⎣exp ¡−∆ξ∗t+1¢
µ
C∗t+1 − bC∗t
C∗t − bC∗t−1

¶−γ
P ∗t
P ∗t+1| {z }

≡F∗t+1

− exp (−i∗t )
1

β| {z }
≡G∗t+1

| H∗t

⎤⎥⎥⎥⎥⎦ = 0.

In steady state holds that f = g and f
∗
= g∗, then the log-linearization around the steady state can be

expressed as,

E
h bft+1 − bgt+1 | Ht

i
≈ 0,

E
h bf∗t+1 − bg∗t+1 | H∗t i ≈ 0,

14



where the approximations are as follows,

bft+1 ≡ −∆bξt+1 − γ

µ
1

1− b

¶
∆bct+1 + γ

µ
b

1− b

¶
∆bct − bπt+1,

bf∗t+1 ≡ −∆bξ∗t+1 − γ

µ
1

1− b

¶
∆bc∗t+1 + γ

µ
b

1− b

¶
∆bc∗t − bπ∗t+1,

bgt+1 ≡ −bit, bg∗t+1 ≡ −bi∗t .
Then, I obtain the following system of two linearized Euler equations,

γ

1− b
E [∆bct+1 − b∆bct | Ht] ≈ E

hbit − bπt+1 | Ht

i
− E

h
∆bξt+1 | Ht

i
, (41)

γ

1− b
E
£
∆bc∗t+1 − b∆bc∗t | H∗t ¤ ≈ E

hbi∗t − bπ∗t+1 | H∗t i− E h∆bξ∗t+1 | H∗t i , (42)

which are conventionally denoted the ISH and ISF equations, respectively. The ex ante Fisher equation
requires that the model-based implicit real interest rate be equal to,

brt ≡ E
hbit − bπt+1 | Ht

i
,

br∗t ≡ E
hbi∗t − bπ∗t+1 | H∗t i .

The growth rate of consumption adjusted by the effect of the habit is proportional to this measure of the
real interest rate and the preference-shock on consumption. The constant of proportionality is a function
of the habit parameter, b, and the coefficient of relative risk aversion, γ. Using the linearized consumption
price indexes in (36)− (37), I obtain that

γ

1− b
E [∆bct+1 − b∆bct | Ht] ≈ E

hbit − nbπHt+1 − (1− n) bπFt+1 | Ht

i
− E

h
∆bξt+1 | Ht

i
, (43)

γ

1− b
E
£
∆bc∗t+1 − b∆bc∗t | H∗t ¤ ≈ E

hbi∗t − nbπH∗t+1 − (1− n) bπF∗t+1 | H∗t i− E h∆bξ∗t+1 | H∗t i , (44)

where bπHt+1 ≡ bpHt+1 − bpHt and bπFt+1 ≡ bpFt+1 − bpFt . This is the version of the ISH and ISF equations that I use
in the paper.
Finally, using equations (39)− (40) for relative prices I can also re-write the ISH and ISF equations as,

γ

1− b
E [∆bct+1 − b∆bct | Ht] ≈ E

hbit − bπHt+1 − (1− n)∆btt+1 | Ht

i
− E

h
∆bξt+1 | Ht

i
,

γ

1− b
E
£
∆bc∗t+1 − b∆bc∗t | H∗t ¤ ≈ E

hbi∗t − bπF∗t+1 − n∆bt∗t+1 | H∗t i− E h∆bξ∗t+1 | H∗t i .
However, in the literature it is common to rely on the world IS equation, ISW , and the relative IS equation,
ISR . These two equations describe the dynamics of world consumption defined as a weighted average of
domestic and foreign consumption, i.e. bcWt ≡ nbct + (1− n)bc∗t , and the dynamics of relative consumption,
i.e. bcRt ≡ bct − bc∗t . They are sufficient to describe domestic and foreign consumption because it easily follows
that,

bct ≡ bcWt + (1− n)bcRt ,bc∗t ≡ bcWt − nbcRt .
Their dynamics can be derived by computing n·(43)+(1− n)·(44) and (43)−(44), respectively. Nonetheless,
for my purposes they only obscure the analysis. In part, because the dynamics for bcWt and bcRt involve the
decisions of two distinct types of agents with different information sets. Hence, I stick with the standard
ISH and ISF .
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D.3 The Monetary-Side of the Economy

D.3.1 The Money Market Equations: MMH and MMF

To obtain the MMH and MMF equations I need to log-linearize the money demand equations in (1) and (4)
around the steady state, i.e.

χ

µ
Md

t

Pt (Ct − bCt−1)

¶−γ
| {z }

≡Ft

=
exp (it)− 1
exp (it)| {z }
≡Gt

,

χ

Ã
Md∗

t

P ∗t
¡
C∗t − bC∗t−1

¢!−γ| {z }
≡F∗t

=
exp (i∗t )− 1
exp (i∗t )| {z }
≡G∗t

.

In steady state holds that f = g and f
∗
= g∗, then the log-linearization around the steady state can be

expressed as,

bft ≈ bgt,bf∗t ≈ bg∗t ,
where the approximations are as follows,

bft ≡ −γ bmd
t + γbpt + γ

1− b
[bct − bbct−1] ,bf∗t ≡ −γ bmd∗

t + γbp∗t + γ

1− b

£bc∗t − bbc∗t−1¤ ,
bgt ≡ β

1− β
bit, bg∗t ≡ β

1− β
bi∗t .

Then, I obtain a system of two stable money demand functions à la Cagan. In equilibrium, the per capita
money demand must be equal to the per capita money supply, i.e.

bmd
t = bmt,bmd∗
t = bm∗t .

Therefore, the following equations fully characterize the money market clearing conditions,

bmt − bpt ≈ 1

1− b
[bct − bbct−1]− 1

γ

µ
β

1− β

¶bit, (45)

bm∗t − bp∗t ≈ 1

1− b

£bc∗t − bbc∗t−1¤− 1γ
µ

β

1− β

¶bi∗t . (46)

Real balances are cointegrated with the nominal interest rate, with aggregate consumption (instead of
aggregate output as in Cagan’s money demand functions) and with the consumption habit. The demand for
real balances is a function of the habit parameter, b, and the coefficient of relative risk aversion, γ. Using
(36)− (37) I obtain the version of the money market equations that I use in the paper,

bmt − nbpHt − (1− n) bpFt ≈ 1

1− b
[bct − bbct−1]− 1

γ

µ
β

1− β

¶bit, (47)

bm∗t − nbpH∗t − (1− n) bpF∗t ≈ 1

1− b

£bc∗t − bbc∗t−1¤− 1γ
µ

β

1− β

¶bi∗t , (48)
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which are conventionally denoted the MMH and MMF equations, respectively.
Taking the difference between MMH and MMF and using the definition of the real exchange rate is easy

to derive an expression for the nominal interest rate spread across countries,

biRt ≈ γ

µ
1− β

β

¶ ∙
−bmR

t +
1

1− b

£bcRt − bbcRt−1¤+ bst − brst¸ ,
where biRt ≡ bit −bi∗t , bcRt ≡ bct − bc∗t , and bmR

t ≡ bmt − bm∗t . This implies that the interest rate differential is
inversely proportional to the money supply differential. It also depends on consumption, consumption habit,
and the differences in consumption prices across countries measured as,

bpRt ≡ bpt − bp∗t = bst − brst.
D.4 The Supply-Side of the Economy

Given the structure of the (symmetric) equilibrium, it suffices to explore the pricing rule of a representative
firm within each country in order to derive the AS equations of the model.

D.4.1 The Optimal Pricing Equation for the Domestic Firm

Log-Linearization of the Home Market FOC. I can re-write the optimal pricing equation in (17) as
follows,

E

(X∞

τ=0

¡
βαH

¢τ
ΞRt,t+τ eY d

t,t+τ (h)

" ePt (h)
PH
t+τ

− θ

θ − 1

µ
Wt+τ

Pt+τ exp (at+τ )

¶
Pt+τ
PH
t+τ

#
| Ft

)
= 0,

where

ΞRt,t+τ ≡ exp
¡
−
¡
ξt+τ − ξt

¢¢µCt+τ − bCt+τ−1
Ct − bCt−1

¶−γ PH
t+τ

Pt+τ
.

Under a symmetric equilibrium it holds true that Lst = Ldt (h) =
Y s
t (h)

exp(at)
. The second equality follows from

the assumption that technologies are linear in labor. I use this equilibrium condition as well as the domestic
labor supply equation in (2) to re-write the pricing equation as,

E

⎧⎨⎩X∞

τ=0

¡
βαH

¢τ
ΞRt,t+τ eY d

t,t+τ (h)

⎡⎣ Pt(h)
PH
t+τ
−

− θκ
θ−1 (Ct+τ − bCt+τ−1)

γ
³eY s

t,t+τ (h)
´ϕ
exp ((−1− ϕ) at+τ )

Pt+τ
PH
t+τ

⎤⎦ | Ft
⎫⎬⎭ = 0,

where eY s
t,t+τ (h) denotes the aggregate supply of firm h at time t+ τ conditional on having their prices fixed

since period t. Naturally, the market clearing condition for variety h requires that4,

eY s
t,t+τ (h) = neY d

t,t+τ (h) + (1− n) eY d∗
t,t+τ (h)

= n

Ã ePt (h)
PH
t+τ

!−θ µ
PH
t+τ

Pt+τ

¶−σ
Ct+τ + (1− n)

Ã eP ∗t (h)
PH∗
t+τ

!−θ µ
PH∗
t+τ

P ∗t+τ

¶−σ
C∗t+τ ,

where the second equality identifies the aggregate demand based on the demand constraints of the firm.

4Sensu stricto G. Benigno’s (2004) framework cannot be viewed as a pure double-signal Calvo model (where each firm
receives one signal to re-optimize in the domestic market and another signal in the foreign market). Benigno discounts the fact
that firms may receive a signal to re-optimize in one market but not the other, so he approximates the symmetric equilibrium
with the behavior of a representative firm that re-optimizes in both markets simultaneously. For tractability and consistency,
I use the same approach here. That explains the characterization of the market clearing condition.
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Let me define the following pair of functions,

FH
t+τ ≡

ePt (h)
PH
t+τ

,

GH
t+τ ≡ θκ

θ − 1 (Ct+τ − bCt+τ−1)
γ
³eY s

t,t+τ (h)
´ϕ
exp ((−1− ϕ) at+τ )

Pt+τ
PH
t+τ

,

then the first-order condition for price-setting becomes simply,

E
nX∞

τ=0

¡
βαH

¢τ
ΞRt,t+τ eY d

t,t+τ (h)
£
FH
t+τ −GH

t+τ

¤
| Ft

o
= 0.

In steady state holds that f
H
= gH , then the log-linearization around the steady state can be expressed as,

E
nX∞

τ=0

¡
βαH

¢τ h bfHt+τ − bgHt+τi | Fto ≈ 0,
where the approximations are as follows,

bfHt+τ ≡ bept (h)− bpHt+τ ,bgHt+τ ≡ γ

1− b
(bct+τ − bbct+τ−1) + ϕbeyst,t+τ (h)− (1 + ϕ)bat+τ + ¡bpt+τ − bpHt+τ¢ ,beyst,t+τ (h) = n

h
−θ
³bept (h)− bpHt+τ´− σ

¡bpHt+τ − bpt+τ¢+ bct+τi+
+(1− n)

h
−θ
³bep∗t (h)− bpH∗t+τ´− σ

¡bpH∗t+τ − bp∗t+τ¢+ bc∗t+τi .
Using equations (39) − (40) for relative prices and equations (36) − (37) for the price indexes, I can

alternatively re-write the optimal pricing equation as,

E

⎧⎪⎨⎪⎩
X∞

τ=0

¡
βαH

¢τ ⎡⎢⎣ (1 + nϕθ)
³bept (h)− bpHt+τ´+ (1− n)ϕθ

³bep∗t (h)− bpH∗t+τ´−
− (1− n)

¡
(1 + nϕσ)btt+τ − (1− n)ϕσbt∗t+τ¢−

− γ
1−b (bct+τ − bbct+τ−1)− ϕbcWt+τ + (1 + ϕ)bat+τ

⎤⎥⎦ | Ft
⎫⎪⎬⎪⎭ ≈ 0,

where

bpHt+τ − bpt+τ = − (1− n)btt+τ ,bpH∗t+τ − bp∗t+τ = (1− n)bt∗t+τ ,
and world consumption is bcWt+τ ≡ nbct+τ + (1− n)bc∗t+τ . Notice that I can re-express the price indexes bpHt+τ
and bpH∗t+τ respectively as bpHt+τ = bpHt +Xτ

i=1
bπHt+i and bpH∗t+τ = bpH∗t +

Xτ

i=1
bπH∗t+i. Hence, the optimal pricing

equation becomes,

(1 + nϕθ)
³bept (h)− bpHt ´+ (1− n)ϕθ

³bep∗t (h)− bpH∗t ´
(49)

≈
¡
1− βαH

¢
E

⎧⎪⎨⎪⎩
X∞

τ=0

¡
βαH

¢τ ⎡⎢⎣ (1 + nϕθ)
³Xτ

i=1,τ≥1
bπHt+i´+ (1− n)ϕθ

³Xτ

i=1,τ≥1
bπH∗t+i´+

+(1− n)
¡
(1 + nϕσ)btt+τ − (1− n)ϕσbt∗t+τ¢+

+ γ
1−b (bct+τ − bbct+τ−1) + ϕbcWt+τ − (1 + ϕ)bat+τ

⎤⎥⎦ | Ft
⎫⎪⎬⎪⎭ .

This expression shows compactly that optimal pricing in the domestic market depends on the optimal price
set in the foreign market. This is due to the fact that prices at home and abroad determine the aggregate
demand the firm faces, and therefore have an impact on domestic labor supply and wages.
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Log-Linearization of the Foreign Market FOC. I can re-write the optimal pricing equation in (18)
as follows,

E

(X∞

τ=0

¡
βαH∗

¢τ
ΞRt,t+τ eY d∗

t,t+τ (h)

" eP ∗t (h)
PH∗
t+τ

St+τP
H∗
t+τ

PH
t+τ

− θ

θ − 1

µ
Wt+τ

Pt+τ exp (at+τ )

¶
Pt+τ
PH
t+τ

#
| Ft

)
= 0,

where

ΞRt,t+τ ≡ exp
¡
−
¡
ξt+τ − ξt

¢¢µCt+τ − bCt+τ−1
Ct − bCt−1

¶−γ PH
t+τ

Pt+τ
.

Under a symmetric equilibrium it holds true that Lst = Ldt (h) =
Y s
t (h)

exp(at)
. The second equality follows from

the assumption that technologies are linear in labor. I use this equilibrium condition as well as the domestic
labor supply equation in (2) to re-write the pricing equation as,

E

⎧⎨⎩X∞

τ=0
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¢τ
ΞRt,t+τ eY d∗

t,t+τ (h)

⎡⎣ P∗t (h)
PH∗
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St+τP
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t+τ

PH
t+τ

−

− θκ
θ−1 (Ct+τ − bCt+τ−1)

γ
³eY s

t,t+τ (h)
´ϕ
exp ((−1− ϕ) at+τ )

Pt+τ
PH
t+τ

⎤⎦ | Ft
⎫⎬⎭ = 0,

where eY s
t,t+τ (h) denotes the aggregate supply of firm h at time t+ τ conditional on having their prices fixed

since period t. Naturally, the market clearing condition for variety h requires that,

eY s
t,t+τ (h) = neY d

t,t+τ (h) + (1− n) eY d∗
t,t+τ (h)

= n

Ã ePt (h)
PH
t+τ

!−θ µ
PH
t+τ

Pt+τ

¶−σ
Ct+τ + (1− n)

Ã eP ∗t (h)
PH∗
t+τ

!−θ µ
PH∗
t+τ

P ∗t+τ

¶−σ
C∗t+τ ,

where the second equality identifies the aggregate demand based on the demand constraints of the firm.
Let me define the following pair of functions,

FH∗
t+τ ≡

eP ∗t (h)
PH∗
t+τ

St+τP
H∗
t+τ

PH
t+τ

,

GH∗
t+τ ≡ θκ

θ − 1 (Ct+τ − bCt+τ−1)
γ
³eY s

t,t+τ (h)
´ϕ
exp ((−1− ϕ) at+τ )

Pt+τ
PH
t+τ

,

then the first-order condition for price-setting becomes simply,

E
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τ=0
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βαH∗

¢τ
ΞRt,t+τ eY d∗

t,t+τ (h)
£
FH∗
t+τ −GH∗

t+τ

¤
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o
= 0.

In steady state holds that f
H∗
= gH∗, then the log-linearization around the steady state can be expressed

as,

E
nX∞

τ=0

¡
βαH∗

¢τ h bfH∗t+τ − bgH∗t+τi | Fto ≈ 0,
where the approximations are as follows,

bfH∗t+τ ≡ bep∗t (h)− bpH∗t+τ + ¡bst+τ + bpH∗t+τ − bpHt+τ¢ ,bgH∗t+τ ≡ γ

1− b
(bct+τ − bbct+τ−1) + ϕbeyst,t+τ (h)− (1 + ϕ)bat+τ + ¡bpt+τ − bpHt+τ¢ ,beyst,t+τ (h) = n

h
−θ
³bept (h)− bpHt+τ´− σ

¡bpHt+τ − bpt+τ¢+ bct+τi+
+(1− n)

h
−θ
³bep∗t (h)− bpH∗t+τ´− σ

¡bpH∗t+τ − bp∗t+τ¢+ bc∗t+τi .
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Using equations (39) − (40) for relative prices and equations (36) − (37) for the price indexes, I can
alternatively re-write the optimal pricing equation as,

E

⎧⎪⎪⎪⎨⎪⎪⎪⎩
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τ=0
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¢τ
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nϕθ
³bept (h)− bpHt+τ´+ (1 + (1− n)ϕθ)
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+
¡bst+τ + bpH∗t+τ − bpHt+τ¢

⎤⎥⎥⎥⎦ | Ft
⎫⎪⎪⎪⎬⎪⎪⎪⎭ ≈ 0,

where

bpHt+τ − bpt+τ = − (1− n)btt+τ ,bpH∗t+τ − bp∗t+τ = (1− n)bt∗t+τ ,
and world consumption is bcWt+τ ≡ nbct+τ + (1− n)bc∗t+τ . Notice that I can re-express the price indexes bpHt+τ
and bpH∗t+τ respectively as bpHt+τ = bpHt +Xτ

i=1
bπHt+i and bpH∗t+τ = bpH∗t +

Xτ

i=1
bπH∗t+i. Hence, the optimal pricing

equation becomes,

nϕθ
³bept (h)− bpHt ´+ (1 + (1− n)ϕθ)

³bep∗t (h)− bpH∗t ´
(50)

≈
¡
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¢
E

⎧⎪⎪⎪⎨⎪⎪⎪⎩
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τ=0
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³Xτ

i=1,τ≥1
bπH∗t+i´+

+(1− n)
¡
(1 + nϕσ)btt+τ − (1− n)ϕσbt∗t+τ¢+

+ γ
1−b (bct+τ − bbct+τ−1) + ϕbcWt+τ − (1 + ϕ)bat+τ−

−
¡bst+τ + bpH∗t+τ − bpHt+τ¢

⎤⎥⎥⎥⎦ | Ft
⎫⎪⎪⎪⎬⎪⎪⎪⎭ .

This expression shows compactly that optimal pricing in the foreign market depends also on the optimal
price set in the domestic market. This is due to the fact that prices at home and abroad determine the
aggregate demand the firm faces, and therefore have an impact on domestic labor supply and wages.

D.4.2 The Optimal Pricing Equation for the Foreign Firm

Log-Linearization of the Home Market FOC. I can re-write the optimal pricing equation in (19) as
follows,
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where

ΞR∗t,t+τ ≡ exp
¡
−
¡
ξ∗t+τ − ξ∗t

¢¢µC∗t+τ − bC∗t+τ−1
C∗t − bC∗t−1

¶−γ PF∗
t+τ

P ∗t+τ
.

Under a symmetric equilibrium it holds true that Ls∗t = Ld∗t (f) =
Y s∗
t (f)

exp(a∗t )
. The second equality follows from

the assumption that technologies are linear in labor. I use this equilibrium condition as well as the foreign
labor supply equation in (5) to re-write the pricing equation as,
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⎤⎦ | F∗t
⎫⎬⎭ = 0,
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where eY s∗
t,t+τ (f) denotes the aggregate supply of firm f at time t+ τ conditional on having their prices fixed

since period t. Naturally, the market clearing condition for variety f requires that5,

eY s∗
t,t+τ (f) = neY d

t,t+τ (f) + (1− n) eY d∗
t,t+τ (f)

= n

Ã ePt (f)
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t+τ

!−θ µ
PF
t+τ

Pt+τ

¶−σ
Ct+τ + (1− n)

Ã eP ∗t (f)
PF∗
t+τ

!−θ µ
PF∗
t+τ

P ∗t+τ

¶−σ
C∗t+τ ,

where the second equality identifies the aggregate demand based on the demand constraints of the firm.
Let me define the following pair of functions,

FF
t+τ ≡

ePt (f)
PF
t+τ

PF
t+τ

St+τPF∗
t+τ

,

GF
t+τ ≡ θκ

θ − 1
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t,t+τ (f)

´ϕ
exp

¡
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PF∗
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,

then the first-order condition for price-setting becomes simply,
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¤
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o
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In steady state holds that f
F
= gF , then the log-linearization around the steady state can be expressed as,

E
nX∞

τ=0

¡
βαF

¢τ h bfFt+τ − bgFt+τi | F∗t o ≈ 0,
where the approximations are as follows,

bfFt+τ ≡ bept (f)− bpFt+τ − ¡bst+τ + bpF∗t+τ − bpFt+τ¢ ,bgFt+τ ≡ γ

1− b

¡bc∗t+τ − bbc∗t+τ−1¢+ ϕbeys∗t,t+τ (f)− (1 + ϕ)ba∗t+τ + ¡bp∗t+τ − bpF∗t+τ¢ ,beys∗t,t+τ (f) = n
h
−θ
³bept (f)− bpFt+τ´− σ

¡bpFt+τ − bpt+τ¢+ bct+τi+
+(1− n)

h
−θ
³bep∗t (f)− bpF∗t+τ´− σ

¡bpF∗t+τ − bp∗t+τ¢+ bc∗t+τi .
Using equations (39) − (40) for relative prices and equations (36) − (37) for the price indexes, I can

alternatively re-write the optimal pricing equation as,

E
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τ=0

¡
βαF

¢τ
⎡⎢⎢⎢⎣
(1 + nϕθ)

³bept (f)− bpFt+τ´+ (1− n)ϕθ
³bep∗t (f)− bpF∗t+τ´+

+n
¡
nϕσbtt+τ − (1 + (1− n)ϕσ)bt∗t+τ¢−

− γ
1−b

¡bc∗t+τ − bbc∗t+τ−1¢− ϕbcWt+τ + (1 + ϕ)ba∗t+τ−
−
¡bst+τ + bpF∗t+τ − bpFt+τ¢

⎤⎥⎥⎥⎦ | F∗t
⎫⎪⎪⎪⎬⎪⎪⎪⎭ ≈ 0,

where

bpFt+τ − bpt+τ = nbtt+τ ,bpF∗t+τ − bp∗t+τ = −nbt∗t+τ ,
5Sensu stricto G. Benigno’s (2004) framework cannot be viewed as a pure double-signal Calvo model (where each firm

receives one signal to re-optimize in the domestic market and another signal in the foreign market). Benigno discounts the fact
that firms may receive a signal to re-optimize in one market but not the other, so he approximates the symmetric equilibrium
with the behavior of a representative firm that re-optimizes in both markets simultaneously. For tractability and consistency,
I use the same approach here. That explains the characterization of the market clearing condition.
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and world consumption is bcWt+τ ≡ nbct+τ + (1− n)bc∗t+τ . Notice that I can re-express the price indexes bpFt+τ
and bpF∗t+τ respectively as bpFt+τ = bpFt +Xτ

i=1
bπFt+i and bpF∗t+τ = bpF∗t +

Xτ

i=1
bπF∗t+i. Hence, the optimal pricing

equation becomes,

(1 + nϕθ)
³bept (f)− bpFt ´+ (1− n)ϕθ

³bep∗t (f)− bpF∗t ´
(51)

≈
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+
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⎤⎥⎥⎥⎦ | F∗t
⎫⎪⎪⎪⎬⎪⎪⎪⎭ .

This expression shows compactly that optimal pricing in the domestic market depends also on the optimal
price set in the foreign market. This is due to the fact that prices at home and abroad determine the
aggregate demand the firm faces, and therefore have an impact on foreign labor supply and wages.

Log-Linearization of the Foreign Market FOC. I can re-write the optimal pricing equation in (20)
as follows,
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where

ΞR∗t,t+τ ≡ exp
¡
−
¡
ξ∗t+τ − ξ∗t

¢¢µC∗t+τ − bC∗t+τ−1
C∗t − bC∗t−1

¶−γ PF∗
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.

Under a symmetric equilibrium it holds true that Ls∗t = Ld∗t (f) =
Y s∗
t (f)

exp(a∗t )
. The second equality follows from

the assumption that technologies are linear in labor. I use this equilibrium condition as well as the foreign
labor supply equation in (5) to re-write the pricing equation as,
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where eY s∗
t,t+τ (f) denotes the aggregate supply of firm f at time t+ τ conditional on having their prices fixed

since period t. Naturally, the market clearing condition for variety f requires that,
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where the second equality identifies the aggregate demand based on the demand constraints of the firm.
Let me define the following pair of functions,
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then the first-order condition becomes simply,
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In steady state holds that f
F∗
= gF∗, then the log-linearization around the steady state can be expressed

as,
E
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¢τ h bfF∗t+τ − bgF∗t+τi | F∗t o ≈ 0,
where the approximations are as follows,

bfF∗t+τ ≡ bep∗t (f)− bpF∗t+τ ,bgF∗t+τ ≡ γ

1− b

¡bc∗t+τ − bbc∗t+τ−1¢+ ϕbeys∗t,t+τ (f)− (1 + ϕ)ba∗t+τ + ¡bp∗t+τ − bpF∗t+τ¢ ,beys∗t,t+τ (f) = n
h
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³bept (f)− bpFt+τ´− σ

¡bpFt+τ − bpt+τ¢+ bct+τi+
+(1− n)

h
−θ
³bep∗t (f)− bpF∗t+τ´− σ

¡bpF∗t+τ − bp∗t+τ¢+ bc∗t+τi .
Using equations (39) − (40) for relative prices and equations (36) − (37) for the price indexes, I can

alternatively re-write the optimal pricing equation as,
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nϕσbtt+τ − (1 + (1− n)ϕσ)bt∗t+τ¢−

− γ
1−b

¡bc∗t+τ − bbc∗t+τ−1¢− ϕbcWt+τ + (1 + ϕ)ba∗t+τ
⎤⎥⎦ | F∗t

⎫⎪⎬⎪⎭ ≈ 0,
where

bpFt+τ − bpt+τ = nbtt+τ ,bpF∗t+τ − bp∗t+τ = −nbt∗t+τ ,
and world consumption is bcWt+τ ≡ nbct+τ + (1− n)bc∗t+τ . Notice that I can re-express the price indexes bpFt+τ
and bpF∗t+τ respectively as bpFt+τ = bpFt +Xτ

i=1
bπFt+i and bpF∗t+τ = bpF∗t +

Xτ

i=1
bπF∗t+i. Hence, the optimal pricing

equation becomes,

nϕθ
³bept (f)− bpFt ´+ (1 + (1− n)ϕθ)

³bep∗t (f)− bpF∗t ´
(52)

≈
¡
1− βαF∗

¢
E

⎧⎪⎨⎪⎩
X∞

τ=0

¡
βαF∗

¢τ ⎡⎢⎣ nϕθ
³Xτ

i=1,τ≥1
bπFt+i´+ (1 + (1− n)ϕθ)

³Xτ

i=1,τ≥1
bπF∗t+i´−

−n
¡
nϕσbtt+τ − (1 + (1− n)ϕσ)bt∗t+τ¢+

+ γ
1−b

¡bc∗t+τ − bbc∗t+τ−1¢+ ϕbcWt+τ − (1 + ϕ)ba∗t+τ
⎤⎥⎦ | F∗t

⎫⎪⎬⎪⎭ .

This expression shows compactly that optimal pricing in the foreign market depends also on the optimal
price set in the domestic market. This is due to the fact that prices at home and abroad determine the
aggregate demand the firm faces, and therefore have an impact on foreign labor supply and wages.

D.4.3 The Price Index Equations

The Price Index in the HomeMarket. There exists a relationship between the price indexes
¡
PH
t , PH∗

t

¢
and the (symmetric) optimal pricing rule

³ ePt (h) , eP ∗t (h)´. In a symmetric equilibrium under sticky prices,
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the aggregate domestic-good price indexes in equations (12) and (13) can be expressed as follows6,

PH
t =

∙
αH

¡
PH
t−1
¢1−θ

+
¡
1− αH

¢ ³ ePt (h)´1−θ¸ 1
1−θ

,

PH∗
t =

∙
αH∗

¡
PH∗
t−1
¢1−θ

+
¡
1− αH∗

¢ ³ eP ∗t (h)´1−θ¸ 1
1−θ

.

A proportion
¡
1− αH

¢
of all domestic firms set the (symmetric) optimal price in the domestic market,ePt (h), after receiving a signal to re-optimize at time t. The remaining firms, in proportion of αH , behave

as if on average they had kept the previous period price unchanged. The lagged term reflects the aggregate
behavior of all firms who cannot re-set prices in the domestic market. Similarly, a proportion

¡
1− αH∗

¢
of

all domestic firms set the (symmetric) optimal price in the foreign market, eP ∗t (h), after receiving a signal to
re-optimize at time t; while a proportion αH∗ leaves prices unchanged from the previous period.

In a zero-inflation, zero-current account steady state, it must hold that P
H
= eP (h) and P

H∗
= eP ∗ (h).

Hence, the log-linear approximation becomes simply,

bpHt ≈ αHbpHt−1 + ¡1− αH
¢bept (h) ,bpH∗t ≈ αH∗bpH∗t−1 + ¡1− αH∗
¢bep∗t (h) .

A straightforward manipulation of these equations tell me that the domestic and foreign inflation rates on
the bundle of domestic goods (i.e., bπHt = bpHt −bpHt−1 and bπH∗t = bpH∗t −bpH∗t−1) could be approximately computed
as, bπHt ≈ ¡1− αH

¢ hbept (h)− bpHt−1i , bπH∗t ≈
¡
1− αH∗

¢ hbep∗t (h)− bpH∗t−1i ,
which implies that the difference between the optimal pricing rules, bept (h) and bep∗t (h), and the price indexes,bpHt and bpH∗t , is proportional to the inflation rate in logs, i.e.hbept (h)− bpHt i ≈ µ αH

1− αH

¶bπHt , hbep∗t (h)− bpH∗t i
≈
µ

αH∗

1− αH∗

¶bπH∗t . (53)

The Price Index in the Foreign Market. There exists a relationship between the price indexes¡
PF
t , PF∗

t

¢
and the (symmetric) optimal pricing rule

³ ePt (f) , eP ∗t (f)´. In a symmetric equilibrium un-

der sticky prices, the aggregate foreign-good price indexes in equations (15) and (16) can be expressed as
follows7,

PF
t =

∙
αF
¡
PF
t−1
¢1−θ

+
¡
1− αF

¢ ³ ePt (f)´1−θ¸ 1
1−θ

,

PF∗
t =

∙
αF∗

¡
PF∗
t−1
¢1−θ

+
¡
1− αF∗

¢ ³ eP ∗t (f)´1−θ¸ 1
1−θ

.

6As noted before, G. Benigno (2004) discounts the fact that firms may receive a signal to re-optimize in one market but not
the other, so he approximates the symmetric equilibrium with the behavior of a representative firm that re-optimizes in both
markets simultaneously. I use the same approach here. That explains why I do not distinguish between firms that re-optimize
in one market only and firms that re-optimize in both markets.

7As noted before, G. Benigno (2004) discounts the fact that firms may receive a signal to re-optimize in one market but not
the other, so he approximates the symmetric equilibrium with the behavior of a representative firm that re-optimizes in both
markets simultaneously. I use the same approach here. That explains why I do not distinguish between firms that re-optimize
in one market only and firms that re-optimize in both markets.
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A proportion
¡
1− αF

¢
of all foreign firms set the (symmetric) optimal price in the domestic market, ePt (f),

after receiving a signal to re-optimize at time t. The remaining firms, in proportion of αF , behave as if on
average they had kept the previous period price unchanged. Similarly, a proportion

¡
1− αF∗

¢
of all foreign

firms set the (symmetric) optimal price in the foreign market, eP ∗t (f), after receiving a signal to re-optimize
at time t; while a proportion αF∗ leaves prices unchanged from the previous period.

In a zero-inflation, zero-current account steady state, it must hold that P
F
= eP (f) and P

F∗
= eP ∗ (f).

Hence, the log-linear approximation becomes simply,

bpFt ≈ αF bpFt−1 + ¡1− αF
¢bept (f) ,bpF∗t ≈ αF∗bpF∗t−1 + ¡1− αF∗
¢bep∗t (f) .

A straightforward manipulation of these equations tell me that the domestic and foreign inflation rates on
the bundle of foreign goods (i.e., bπFt = bpFt − bpFt−1 and bπF∗t = bpF∗t − bpF∗t−1) could be approximately computed
as, bπFt ≈ ¡1− αF

¢ hbept (f)− bpFt−1i , bπF∗t ≈ ¡1− αF∗
¢ hbep∗t (f)− bpF∗t−1i ,

which implies that the difference between the optimal pricing rule, bept (f) and bep∗t (f), and the price indexes,bpFt and bpF∗t , is proportional to the inflation rate in logs, i.e.hbept (f)− bpFt i ≈ µ αF

1− αF

¶bπFt , hbep∗t (f)− bpF∗t i
≈
µ

αF∗

1− αF∗

¶bπF∗t . (54)

D.4.4 The Aggregate-Supply Equations for the Domestic Firm: ASH and ASH∗

In order to derive the dynamics of the inflation rates for the domestic bundle of goods, i.e. bπHt and bπH∗t , I
need to manipulate further the linearized first-order conditions of the firm in (49) and (50). The solution
involves some algebra, but it is otherwise conceptually straightforward and can be summarized in three steps.
First, I use the result in equation (53) to replace the optimal prices bept (h) and bep∗t (h), i.e.
(1 + nϕθ)

³
αH

1−αH
´ bπHt + (1− n)ϕθ

³
αH∗

1−αH∗
´ bπH∗t

≈
¡
1− βαH

¢
E

⎧⎪⎨⎪⎩
X∞

τ=0

¡
βαH

¢τ ⎡⎢⎣ (1 + nϕθ)
³Xτ

i=1,τ≥1
bπHt+i´+ (1− n)ϕθ

³Xτ

i=1,τ≥1
bπH∗t+i´+

+(1− n)
¡
(1 + nϕσ)btt+τ − (1− n)ϕσbt∗t+τ¢+

+ γ
1−b (bct+τ − bbct+τ−1) + ϕbcWt+τ − (1 + ϕ)bat+τ

⎤⎥⎦ | Ft
⎫⎪⎬⎪⎭ ,

and,

nϕθ
³

αH

1−αH
´ bπHt + (1 + (1− n)ϕθ)

³
αH∗

1−αH∗
´ bπH∗t

≈
¡
1− βαH∗

¢
E

⎧⎪⎨⎪⎩
X∞

τ=0

¡
βαH∗

¢τ ⎡⎢⎣ nϕθ
³Xτ

i=1,τ≥1
bπHt+i´+ (1 + (1− n)ϕθ)

³Xτ

i=1,τ≥1
bπH∗t+i´+

+(1− n)
¡
(1 + nϕσ)btt+τ − (1− n)ϕσbt∗t+τ¢+

+ γ
1−b (bct+τ − bbct+τ−1) + ϕbcWt+τ − (1 + ϕ)bat+τ − ¡bst+τ + bpH∗t+τ − bpHt+τ¢

⎤⎥⎦ | Ft
⎫⎪⎬⎪⎭ .

Second, I realize that these expressions take the form of a discounted present-value system that can be
re-written as the forward-looking (no-bubble) solution of a pair of expectational difference equations. In
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other words, I can say that the equations of interest are,

(1 + nϕθ)
³

αH

1−αH
´ bπHt +(1− n)ϕθ

³
αH∗

1−αH∗
´ bπH∗t

≈
¡
1− βαH

¢
E
½∙

(1− n)
¡
(1 + nϕσ)btt − (1− n)ϕσbt∗t ¢+

+ γ
1−b (bct − bbct−1) + ϕbcWt − (1 + ϕ)bat

¸
| Ft

¾
+

+βαHE

⎧⎪⎪⎪⎪⎨⎪⎪⎪⎪⎩
¡
1− βαH

¢X∞

τ=0

¡
βαH

¢τ
⎡⎢⎢⎢⎢⎣

(1 + nϕθ)
³bπHt+1 +Xτ

i=1,τ≥1
bπHt+1+i´+

+(1− n)ϕθ
³bπH∗t+1 +Xτ

i=1,τ≥1
bπH∗t+1+i´+

+(1− n)
¡
(1 + nϕσ)btt+1+τ − (1− n)ϕσbt∗t+1+τ¢+

+ γ
1−b (bct+1+τ − bbct+τ ) + ϕbcWt+1+τ − (1 + ϕ)bat+1+τ

⎤⎥⎥⎥⎥⎦ | Ft
⎫⎪⎪⎪⎪⎬⎪⎪⎪⎪⎭ ,

and,

(1 + nϕθ)
³

αH

1−αH
´ bπHt + (1− n)ϕθ

³
αH∗

1−αH∗
´ bπH∗t

≈
¡
1− βαH

¢
E
½∙

(1− n)
¡
(1 + nϕσ)btt − (1− n)ϕσbt∗t ¢+

+ γ
1−b (bct − bbct−1) + ϕbcWt − (1 + ϕ)bat

¸
| Ft

¾
+

+βαHE

⎧⎪⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎪⎩

⎡⎢⎢⎢⎢⎢⎢⎣

(1 + nϕθ) bπHt+1 + (1− n)ϕθbπH∗t+1+
+E

⎧⎪⎪⎪⎪⎨⎪⎪⎪⎪⎩
X∞

τ=0

(βαH)
τ

(1−βαH)−1

⎡⎢⎢⎢⎢⎣
(1 + nϕθ)

³Xτ

i=1,τ≥1
bπHt+1+i´+

+(1− n)ϕθ
³Xτ

i=1,τ≥1
bπH∗t+1+i´+

+(1− n)
¡
(1 + nϕσ)btt+1+τ − (1− n)ϕσbt∗t+1+τ¢+

+ γ
1−b (bct+1+τ − bbct+τ ) + ϕbcWt+1+τ − (1 + ϕ)bat+1+τ

⎤⎥⎥⎥⎥⎦ | Ft+1
⎫⎪⎪⎪⎪⎬⎪⎪⎪⎪⎭

⎤⎥⎥⎥⎥⎥⎥⎦ | Ft
⎫⎪⎪⎪⎪⎪⎪⎬⎪⎪⎪⎪⎪⎪⎭
,

where I used the law of iterated expectations. Therefore, I obtain the following transformation of (49),

(1 + nϕθ)

µ
αH

1− αH

¶bπHt + (1− n)ϕθ

µ
αH∗

1− αH∗

¶bπH∗t
≈

¡
1− βαH

¢
E
½∙

(1− n)
¡
(1 + nϕσ)btt − (1− n)ϕσbt∗t ¢+

+ γ
1−b (bct − bbct−1) + ϕbcWt − (1 + ϕ)bat

¸
| Ft

¾
+

+βαHE
½
(1 + nϕθ)

µ
1

1− αH

¶bπHt+1 + (1− n)ϕθ

µ
1

1− αH∗

¶bπH∗t+1 | Ft¾ .

Analogously, I derive the following expression for the other linearized first-order condition in (50),

nϕθ

µ
αH

1− αH

¶bπHt + (1 + (1− n)ϕθ)

µ
αH∗

1− αH∗

¶bπH∗t
≈

¡
1− βαH∗

¢
E
½∙

(1− n)
¡
(1 + nϕσ)btt − (1− n)ϕσbt∗t ¢+

+ γ
1−b (bct − bbct−1) + ϕbcWt − (1 + ϕ)bat − ¡bst + bpH∗t − bpHt ¢

¸
| Ft

¾
+

+βαH∗E
½
nϕθ

µ
1

1− αH

¶bπHt+1 + (1 + (1− n)ϕθ)

µ
1

1− αH∗

¶bπH∗t+1 | Ft¾ .

Based on the definition of relative prices, the consumer price indexes and the real exchange rate in (36)−(40),
I can derive the following relationship,

bst + bpH∗t − bpHt = brst + ¡bpH∗t − bp∗t ¢− ¡bpHt − bpt¢
≈ brst + (1− n)

¡bpH∗t − bpF∗t ¢
− (1− n)

¡bpHt − bpFt ¢
= brst + (1− n)

¡bt∗t + btt¢ ,
where the discrepancy on relative prices across countries is denoted btRt ≡ btt + bt∗t .
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Finally, I notice that the expressions I have derived so far are all functions of the expected inflation rate
of the domestic bundle of goods in the home as well as the foreign market. That is,

(1 + nϕθ)

µ
αH

1− αH

¶hbπHt − βE
nbπHt+1 | Ftoi

≈
¡
1− βαH

¢
E
½∙

(1− n)
¡
(1 + nϕσ)btt − (1− n)ϕσbt∗t ¢+

+ γ
1−b (bct − bbct−1) + ϕbcWt − (1 + ϕ)bat

¸
| Ft

¾
−

− (1− n)ϕθ

µ
αH∗ − αH

1− αH∗

¶bπH∗t − (1− n)ϕθ

µ
αH

1− αH∗

¶hbπH∗t − βE
nbπH∗t+1 | Ftoi ,

and,

(1 + (1− n)ϕθ)

µ
αH∗

1− αH∗

¶hbπH∗t − βE
nbπH∗t+1 | Ftoi

≈
¡
1− βαH∗

¢
E
½∙

(1− n)
¡
(1 + nϕσ)btt − (1− n)ϕσbt∗t ¢+

+ γ
1−b (bct − bbct−1) + ϕbcWt − (1 + ϕ)bat

¸
| Ft

¾
−

−
¡
1− βαH∗

¢
E
© brst + (1− n)

¡bt∗t + btt¢ | Ftª−
−nϕθ

µ
αH − αH∗

1− αH

¶bπHt − nϕθ

µ
αH∗

1− αH

¶hbπHt − βE
nbπHt+1 | Ftoi .

Hence, in the third step I substitute out the inflation expectations to ensure that each equation is expressed
as a function of the expectations in one market only. The substitution requires a bit of painful effort on the
algebra. After replacing the foreign market expectations in the linearized pricing equation for the domestic
market, it follows that the supply curve for the home good in the home market is given by,

bπHt ≈ βE
nbπHt+1 | Fto+ kHπ bπHt + kHπ∗bπH∗t + kHc E

½
γ

1− b
(bct − bbct−1) + ϕbcWt − (1 + ϕ)bat | Ft¾+

+kHrsE { brst | Ft}+ kHt E
©btt | Ftª+ kHt∗E

©bt∗t | Ftª , (55)

where

kHπ ≡ −
³
αH∗−αH

αH∗

´³
ϕθ(1−n)
1+ϕθ

´
ϕθn,

kHπ∗ ≡
³
αH−αH∗

αH

´³
1−αH
1−αH∗

´³
1+ϕθ(1−n)

1+ϕθ

´
ϕθ (1− n) ,

kHc ≡
∙µ
(1−βαH)(1−αH)

αH

¶³
1+ϕθ(1−n)

1+ϕθ

´
−
µ
(1−βαH∗)(1−αH)

αH∗

¶³
ϕθ(1−n)
1+ϕθ

´¸
,

kHrs ≡
µ
(1−βαH∗)(1−αH)

αH∗

¶³
ϕθ(1−n)
1+ϕθ

´
,

kHt ≡
∙µ
(1−βαH)(1−αH)

αH

¶³
(1+ϕθ(1−n))(1+ϕσn)

1+ϕθ

´
−
µ
(1−βαH∗)(1−αH)

αH∗

¶³
ϕθ(1−n)(ϕσn)

1+ϕθ

´¸
(1− n) ,

kHt∗ ≡
∙µ
(1−βαH∗)(1−αH)

αH∗

¶³
(1+ϕσ(1−n))ϕθ(1−n)

1+ϕθ

´
−
µ
(1−βαH)(1−αH)

αH

¶³
(1+ϕθ(1−n))ϕσ(1−n)

1+ϕθ

´¸
(1− n) .

Substituting now the domestic market expectations in the linearized pricing equation for the foreign market,
it follows that the supply curve for the home good in the foreign market is given by,

bπH∗t ≈ βE
nbπH∗t+1 | Fto+ kH∗π bπHt + kH∗π∗ bπH∗t + kH∗c E

½
γ

1− b
(bct − bbct−1) + ϕbcWt − (1 + ϕ)bat | Ft¾+

+kH∗rs E { brst | Ft}+ kH∗t E
©btt | Ftª+ kH∗t∗ E

©bt∗t | Ftª , (56)
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where

kH∗π ≡
³
αH∗−αH

αH∗

´³
1−αH∗
1−αH

´³
1+ϕθn
1+ϕθ

´
ϕθn,

kH∗π∗ ≡ −
³
αH−αH∗

αH

´³
ϕθn
1+ϕθ

´
ϕθ (1− n) ,

kH∗c ≡
∙µ
(1−αH∗)(1−βαH∗)

αH∗

¶³
1+ϕθn
1+ϕθ

´
−
µ
(1−βαH)(1−αH∗)

αH

¶³
ϕθn
1+ϕθ

´¸
,

kH∗rs ≡ −
µ
(1−αH∗)(1−βαH∗)

αH∗

¶³
1+ϕθn
1+ϕθ

´
,

kH∗t ≡
∙µ
(1−αH∗)(1−βαH∗)

αH∗

¶³
ϕσn(1+ϕθn)

1+ϕθ

´
−
µ
(1−βαH)(1−αH∗)

αH

¶³
ϕθn(1+ϕσn)

1+ϕθ

´¸
(1− n) ,

kH∗t∗ ≡
∙µ
(1−βαH)(1−αH∗)

αH

¶³
(ϕθn)ϕσ(1−n)

1+ϕθ

´
−
µ
(1−αH∗)(1−βαH∗)

αH∗

¶³
(1+ϕθn)(1+ϕσ(1−n))

1+ϕθ

´¸
(1− n) .

Equations (55) and (56) are the version of the ASH and ASH∗ equations that I use in the paper. The
evolution of prices in each market is not completely insulated from the inflation rate in the other market
whenever the contract duration varies across markets, i.e. αH 6= αH∗.

The Relative ASH Equation. It follows from the two domestic aggregate supply curves in (55) and (56)
that,

bπHt − bπH∗t ≈ βE
nbπHt+1 − bπH∗t+1 | Fto+ ¡kHπ − kH∗π

¢ bπHt + ¡kHπ∗ − kH∗π∗
¢ bπH∗t +

+
¡
kHc − kH∗c

¢
E
½

γ

1− b
(bct − bbct−1) + ϕbcWt − (1 + ϕ)bat | Ft¾+

+
¡
kHrs − kH∗rs

¢
E { brst | Ft}+ ¡kHt − kH∗t

¢
E
©btt | Ftª+ ¡kHt∗ − kH∗t∗

¢
E
©bt∗t | Ftª .

If αH = αH∗, then the relative equation can be re-written as follows,

bπHt − bπH∗t ≈ βE
nbπHt+1 − bπH∗t+1 | Fto+ ¡1− βαH

¢ ¡
1− αH

¢
αH

£bst + bpH∗t − bpHt ¤ ,
which explains why pricing differences in the standard model are closely linked to the nominal exchange rate,
and why the standard model has a hard time explaining the low degree of pass-through found in the data.

D.4.5 The Aggregate-Supply Equations for the Foreign Firm: ASF and ASF∗

In order to derive the dynamics of the inflation rates for the foreign bundle of goods, i.e. bπFt and bπF∗t , I need
to manipulate further the linearized first-order conditions of the firm in (51) and (52). The solution involves
some algebra, but it is otherwise conceptually straightforward and can be summarized in three steps. First,
I use the result in equation (54) to replace the optimal prices bept (f) and bep∗t (f), i.e.
(1 + nϕθ)

³
αF

1−αF
´ bπFt + (1− n)ϕθ

³
αF∗

1−αF∗
´ bπF∗t

≈
¡
1− βαF

¢
E

⎧⎪⎪⎪⎨⎪⎪⎪⎩
X∞

τ=0

¡
βαF

¢τ
⎡⎢⎢⎢⎣
(1 + nϕθ)

³Xτ

i=1,τ≥1
bπFt+i´+ (1− n)ϕθ

³Xτ

i=1,τ≥1
bπF∗t+i´−

−n
¡
nϕσbtt+τ − (1 + (1− n)ϕσ)bt∗t+τ¢+

+ γ
1−b

¡bc∗t+τ − bbc∗t+τ−1¢+ ϕbcWt+τ − (1 + ϕ)ba∗t+τ+
+
¡bst+τ + bpF∗t+τ − bpFt+τ¢

⎤⎥⎥⎥⎦ | F∗t
⎫⎪⎪⎪⎬⎪⎪⎪⎭ ,

28



and,

nϕθ
³

αF

1−αF
´ bπFt + (1 + (1− n)ϕθ)

³
αF∗

1−αF∗
´ bπF∗t

≈
¡
1− βαF∗

¢
E

⎧⎪⎨⎪⎩
X∞

τ=0

¡
βαF∗

¢τ ⎡⎢⎣ nϕθ
³Xτ

i=1,τ≥1
bπFt+i´+ (1 + (1− n)ϕθ)

³Xτ

i=1,τ≥1
bπF∗t+i´−

−n
¡
nϕσbtt+τ − (1 + (1− n)ϕσ)bt∗t+τ¢+

+ γ
1−b

¡bc∗t+τ − bbc∗t+τ−1¢+ ϕbcWt+τ − (1 + ϕ)ba∗t+τ
⎤⎥⎦ | F∗t

⎫⎪⎬⎪⎭ .

Second, I realize that these expressions take the form of a discounted present-value system that can be
re-written as the forward-looking (no-bubble) solution of a pair of expectational of difference equations. In
other words, I can say that the equations of interest are,

(1 + nϕθ)
³

αF

1−αF
´ bπFt + (1− n)ϕθ

³
αF∗

1−αF∗
´ bπF∗t

≈
¡
1− βαF

¢
E

⎧⎨⎩
⎡⎣ −n

¡
nϕσbtt − (1 + (1− n)ϕσ)bt∗t ¢+

+ γ
1−b

¡bc∗t − bbc∗t−1¢+ ϕbcWt − (1 + ϕ)ba∗t+
+
¡bst + bpF∗t − bpFt ¢

⎤⎦ | F∗t
⎫⎬⎭+

+βαFE

⎧⎪⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎪⎩
¡
1− βαF

¢X∞

τ=0

¡
βαF

¢τ
⎡⎢⎢⎢⎢⎢⎢⎣

(1 + nϕθ)
³bπFt+1 +Xτ

i=1,τ≥1
bπFt+1+i´+

+(1− n)ϕθ
³bπF∗t+1 +Xτ

i=1,τ≥1
bπF∗t+1+i´−

−n
¡
nϕσbtt+1+τ − (1 + (1− n)ϕσ)bt∗t+1+τ¢+

+ γ
1−b

¡bc∗t+1+τ − bbc∗t+τ¢+ ϕbcWt+1+τ − (1 + ϕ)ba∗t+1+τ+
+
¡bst+1+τ + bpF∗t+1+τ − bpFt+1+τ¢

⎤⎥⎥⎥⎥⎥⎥⎦ | F
∗
t

⎫⎪⎪⎪⎪⎪⎪⎬⎪⎪⎪⎪⎪⎪⎭
,

and,

(1 + nϕθ)
³

αF

1−αF
´ bπFt + (1− n)ϕθ

³
αF∗

1−αF∗
´ bπF∗t

≈
¡
1− βαF

¢
E

⎧⎨⎩
⎡⎣ −n

¡
nϕσbtt − (1 + (1− n)ϕσ)bt∗t ¢+

+ γ
1−b

¡bc∗t − bbc∗t−1¢+ ϕbcWt − (1 + ϕ)ba∗t+
+
¡bst + bpF∗t − bpFt ¢

⎤⎦ | F∗t
⎫⎬⎭+

+βαFE

⎧⎪⎪⎪⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎪⎪⎪⎩

⎡⎢⎢⎢⎢⎢⎢⎢⎢⎣

(1 + nϕθ) bπFt+1 + (1− n)ϕθbπF∗t+1+
+E

⎧⎪⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎪⎩
X∞

τ=0

(βαF )
τ

(1−βαF )−1

⎡⎢⎢⎢⎢⎢⎢⎣
(1 + nϕθ)

³Xτ

i=1,τ≥1
bπFt+1+i´+

+(1− n)ϕθ
³Xτ

i=1,τ≥1
bπF∗t+1+i´−

−n
¡
nϕσbtt+1+τ − (1 + (1− n)ϕσ)bt∗t+1+τ¢+

+ γ
1−b

¡bc∗t+1+τ − bbc∗t+τ¢+ ϕbcWt+1+τ − (1 + ϕ)ba∗t+1+τ+
+
¡bst+1+τ + bpF∗t+1+τ − bpFt+1+τ¢

⎤⎥⎥⎥⎥⎥⎥⎦ | F
∗
t+1

⎫⎪⎪⎪⎪⎪⎪⎬⎪⎪⎪⎪⎪⎪⎭

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎦
| F∗t

⎫⎪⎪⎪⎪⎪⎪⎪⎪⎬⎪⎪⎪⎪⎪⎪⎪⎪⎭
,

where I used the law of iterated expectations. Therefore, I obtain the following transformation of (51),

(1 + nϕθ)

µ
αF

1− αF

¶bπFt + (1− n)ϕθ

µ
αF∗

1− αF∗

¶bπF∗t
≈

¡
1− βαF

¢
E
½∙

−n
¡
nϕσbtt − (1 + (1− n)ϕσ)bt∗t ¢+

+ γ
1−b

¡bc∗t − bbc∗t−1¢+ ϕbcWt − (1 + ϕ)ba∗t + ¡bst + bpF∗t − bpFt ¢
¸
| F∗t

¾
+

+βαFE
½
(1 + nϕθ)

µ
1

1− αF

¶bπFt+1 + (1− n)ϕθ

µ
1

1− αF∗

¶bπF∗t+1 | F∗t ¾ .
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Analogously, I derive the following expression for the other linearized first-order condition in (52),

nϕθ

µ
αF

1− αF

¶bπFt + (1 + (1− n)ϕθ)

µ
αF∗

1− αF∗

¶bπF∗t
≈

¡
1− βαF∗

¢
E
½∙

−n
¡
nϕσbtt − (1 + (1− n)ϕσ)bt∗t ¢+

+ γ
1−b

¡bc∗t − bbc∗t−1¢+ ϕbcWt − (1 + ϕ)ba∗t
¸
| F∗t

¾
+

+βαF∗E
½
nϕθ

µ
1

1− αF

¶bπFt+1 + (1 + (1− n)ϕθ)

µ
1

1− αF∗

¶bπF∗t+1 | F∗t ¾ .

Based on the definition of relative prices, the consumer price indexes and the real exchange rate in (36)−(40),
I can derive the following relationship,

bst + bpF∗t − bpFt = brst + ¡bpF∗t − bp∗t ¢− ¡bpFt − bpt¢
≈ brst − n

¡bpH∗t − bpF∗t ¢
+ n

¡bpHt − bpFt ¢
= brst − n

¡bt∗t + btt¢ ,
where the discrepancy on relative prices across countries is denoted btRt ≡ btt + bt∗t .
Finally, I notice that the expressions I have derived so far are all functions of the expected inflation rate

of the foreign bundle of goods in the home as well as the foreign market. That is,

(1 + nϕθ)

µ
αF

1− αF

¶hbπFt − βE
nbπFt+1 | F∗t oi

≈
¡
1− βαF

¢
E
½∙

−n
¡
nϕσbtt − (1 + (1− n)ϕσ)bt∗t ¢+

+ γ
1−b

¡bc∗t − bbc∗t−1¢+ ϕbcWt − (1 + ϕ)ba∗t
¸
| F∗t

¾
+

+
¡
1− βαF

¢
E
© brst − n

¡bt∗t + btt¢ | F∗t ª+
− (1− n)ϕθ

µ
αF∗ − αF

1− αF∗

¶bπF∗t − (1− n)ϕθ

µ
αF

1− αF∗

¶hbπF∗t − βE
nbπF∗t+1 | F∗t oi ,

and,

(1 + (1− n)ϕθ)

µ
αF∗

1− αF∗

¶hbπF∗t − βE
nbπF∗t+1 | F∗t oi

≈
¡
1− βαF∗

¢
E
½∙

−n
¡
nϕσbtt − (1 + (1− n)ϕσ)bt∗t ¢+

+ γ
1−b

¡bc∗t − bbc∗t−1¢+ ϕbcWt − (1 + ϕ)ba∗t
¸
| F∗t

¾
−

−nϕθ
µ
αF − αF∗

1− αF

¶bπFt − nϕθ

µ
αF∗

1− αF

¶hbπFt − βE
nbπFt+1 | F∗t oi .

Hence, in the third step I substitute out the inflation expectations to ensure that each equation is expressed
as a function of the expectations in one market only. The substitution requires a bit of painful effort on the
algebra. After replacing the foreign market expectations in the linearized pricing equation for the domestic
market, it follows that the supply curve for the foreign good in the home market is given by,

bπFt ≈ βE
nbπFt+1 | F∗t o+ kFπ bπFt + kFπ∗bπF∗t + kFc E

½
γ

1− b

¡bc∗t − bbc∗t−1¢+ ϕbcWt − (1 + ϕ)ba∗t | F∗t ¾+
+kFrsE { brst | F∗t }+ kFt E

©btt | F∗t ª+ kFt∗E
©bt∗t | F∗t ª , (57)
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where

kFπ ≡ −
³
αF∗−αF
αF∗

´³
ϕθ(1−n)
1+ϕθ

´
ϕθn,

kFπ∗ ≡
³
αF−αF∗

αF

´³
1−αF
1−αF∗

´³
ϕθ(1−n)(1+ϕθ(1−n))

1+ϕθ

´
,

kFc ≡
∙µ
(1−βαF )(1−αF )

αF

¶³
1+ϕθ(1−n)

1+ϕθ

´
−
µ
(1−βαF∗)(1−αF )

αF∗

¶³
ϕθ(1−n)
1+ϕθ

´¸
,

kFrs ≡
µ
(1−βαF )(1−αF )

αF

¶³
1+ϕθ(1−n)

1+ϕθ

´
,

kFt ≡
∙µ
(1−βαF∗)(1−αF )

αF∗

¶³
ϕθ(1−n)ϕσn

1+ϕθ

´
−
µ
(1−βαF )(1−αF )

αF

¶³
(1+ϕθ(1−n))(1+ϕσn)

1+ϕθ

´¸
n,

kFt∗ ≡
∙µ
(1−βαF )(1−αF )

αF

¶³
(1+ϕθ(1−n))ϕσ(1−n)

1+ϕθ

´
−
µ
(1−βαF∗)(1−αF )

αF∗

¶³
ϕθ(1−n)(1+ϕσ(1−n))

1+ϕθ

´¸
n.

Substituting now the domestic market expectations in the linearized pricing equation for the foreign market,
it follows that the supply curve for the foreign good in the foreign market is given by,

bπF∗t ≈ βE
nbπF∗t+1 | F∗t o+ kF∗π bπFt + kF∗π∗ bπF∗t + kF∗c E

½
γ

1− b

¡bc∗t − bbc∗t−1¢+ ϕbcWt − (1 + ϕ)ba∗t | F∗t ¾+
+kF∗rs E { brst | F∗t }+ kF∗t E

©btt | F∗t ª+ kF∗t∗ E
©bt∗t | F∗t ª , (58)

where

kF∗π ≡
³
αF∗−αF
αF∗

´³
1−αF∗
1−αF

´³
(1+ϕθn)ϕθn

1+ϕθ

´
,

kF∗π∗ ≡ −
³
αF−αF∗

αF

´³
(ϕθn)ϕθ(1−n)

1+ϕθ

´
,

kF∗c ≡
∙µ
(1−βαF∗)(1−αF∗)

αF∗

¶³
1+ϕθn
1+ϕθ

´
−
µ
(1−βαF )(1−αF∗)

αF

¶³
ϕθn
1+ϕθ

´¸
,

kF∗rs ≡ −
µ
(1−βαF )(1−αF∗)

αF

¶³
ϕθn
1+ϕθ

´
,

kF∗t ≡
∙µ
(1−βαF )(1−αF∗)

αF

¶³
ϕθn(1+ϕσn)

1+ϕθ

´
−
µ
(1−βαF∗)(1−αF∗)

αF∗

¶³
(1+ϕθn)ϕσn

1+ϕθ

´¸
n,

kF∗t∗ ≡
∙µ
(1−βαF∗)(1−αF∗)

αF∗

¶³
(1+ϕθn)(1+ϕσ(1−n))

1+ϕθ

´
−
µ
(1−βαF )(1−αF∗)

αF

¶³
(ϕθn)ϕσ(1−n)

1+ϕθ

´¸
n.

Equations (57) and (58) are the version of the ASF and ASF∗ equations that I use in the paper. The evolution
of prices in each market is not completely insulated from the inflation in the other market whenever the
contract duration varies across markets, i.e. αF 6= αF∗.

The Relative ASF Equation. It follows from the two foreign aggregate supply curves in (57) and (58)
that,

bπFt − bπF∗t ≈ βE
nbπFt+1 − bπF∗t+1 | F∗t o+ ¡kFπ − kF∗π

¢ bπFt + ¡kFπ∗ − kF∗π∗
¢ bπF∗t +

+
¡
kFc − kF∗c

¢
E
½

γ

1− b

¡bc∗t − bbc∗t−1¢+ ϕbcWt − (1 + ϕ)ba∗t | F∗t ¾+
+
¡
kFrs − kF∗rs

¢
E { brst | F∗t }+ ¡kFt − kF∗t

¢ ©btt | F∗t ª+ ¡kFt∗ − kF∗t∗
¢ ©bt∗t | F∗t ª .

If αF = αF∗, then the relative equation can be re-written as follows,

bπFt − bπF∗t ≈ βE
nbπFt+1 − bπF∗t+1 | F∗t o+ ¡1− βαF

¢ ¡
1− αF

¢
αF

£bst + bpF∗t − bpFt ¤ ,
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which explains why pricing differences in the standard model are closely linked to the nominal exchange rate,
and why the standard model has a hard time explaining the low degree of pass-through found in the data.

D.5 The Financial-Side of the Economy

To obtain the UIP equation I need to log-linearize the first-order condition of the financial intermediary in
(21) around the steady state, i.e.

E

⎡⎢⎢⎢⎣St+1St
− λPtB

RF
t| {z }

≡Ft+1

− exp (it − i∗t )| {z }
≡Gt+1

| It

⎤⎥⎥⎥⎦ = 0,

where BRF
t ≡ StB

F
t

Pt
is the net foreign asset position in real terms. In steady state holds that f = g and

f
∗
= g∗, then the log-linearization around the steady state can be expressed as,

E
h bft+1 − bgt+1 | Iti ≈ 0,

where the approximations are as follows,

bft+1 ≡ bst+1 − bst + 0 · bpt + λPC bBRF
t ,bgt+1 ≡

³bit −bi∗t´ .
Using the steady state values for consumption and prices in (33) to substitute out PC, I obtain the

following UIP equation,

E
h
∆bst+1 − ³bit −bi∗t´− δ bBRF

t | It
i
≈ 0, (59)

where δ ≡ λ 1
1−b

³
1−β
χ

´ 1
γ

‘measures’ the cost of the bond-holdings. This is the version of the UIP equation

that I use in the paper. Notice that the risk premium faced in the exchange market due to intermediation is
linear in the real net foreign asset position, bBRF

t . The coefficient δ is a function of the habit parameter, b,
the rate of time preference, β, the weight on utility from real balances, χ, and the financial intermediary’s
preference parameter, λ.

D.6 The CA Equation and the Current Account Balance

To obtain the CA equation I need to log-linearize the resource constraint in (22) around the steady state,
i.e.

1

exp (i∗t )
BRF
t − St

St−1

Pt−1
Pt

BRF
t−1| {z }

≡Ft

=

µ
PH
t

Pt

¶1−σ
nCt +RSt

µ
PH∗
t

P ∗t

¶1−σ
(1− n)C∗t − Ct| {z }

≡Gt

,

where BRF
t ≡ StB

F
t

Pt
is the net foreign asset position in real terms. The function Gt identifies the current

account balance of trade (in goods) between the two countries in period t. In steady state holds that f = g

and f
∗
= g∗, then the log-linearization around the steady state can be expressed as,

bft ≈ bgt,
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where the approximations are as follows,

bft ≡ βC bBRF
t − C bBRF

t−1 + 0 ·∆bst + 0 · bπt,bgt ≡ (1− σ)nC
¡bpHt − bpt¢+ (1− σ) (1− n)C

¡bpH∗t − bp∗t ¢+ (1− n)C brst + (n− 1)Cbct + (1− n)Cbc∗t .
where bBRF

t ≡ StB
F
t

Pt
1
C
represents the real per capita net foreign asset position, relative to domestic steady

state consumption. Notice that the deterministic steady state of the model implies that the current account
is zero and B

RF
= 0 (if λ 6= 0). This result affects the coefficients of the linearized equation bft. Most

notably, it means that the nominal exchange rate depreciation and the domestic CPI inflation rate drop out
altogether.
Using the linearized price indexes in (36)− (37) to substitute out bpt and bp∗t , and the definition of relative

prices in (39)− (40), I obtain the following CA equation,

β bBRF
t ≈ bBRF

t−1 + (1− n)
£
(σ − 1)

¡
nbtt − (1− n)bt∗t ¢+ brst − (bct − bc∗t )¤ , (60)

where the world relative price is defined as btWt ≡ nbtt− (1− n)bt∗t . This is the version of the CA equation that
I use in the paper. Therefore, the current account is a function of world relative prices, the real exchange rate
and the consumption differential across countries. The only parameters that affect the current account are
the population size, n, and the elasticity of intratemporal substitution between home and foreign bundles,
σ. This is a special case of the expression derived by Thoenissen (2003).

E The Linearized Rational Expectations Model
The model I study in depth in my paper is described in four basic blocks. First, I combine the investment-
savings equations in (43)−(44) and the money market equations in (47)−(48) to define the two demand-side
equations of the economy as follows,

γ
1−bE

h
∆bct+1 − b∆bct − ³1−ββ ´

(bct − bbct−1) | Ht

i
≈ −E

h
nbπHt+1 + (1− n) bπFt+1 − γ

³
1−β
β

´ ¡
nbpHt + (1− n) bpFt ¢ | Ht

i
− E

h
γ
³
1−β
β

´ bmt +∆bξt+1 | Ht

i
,
(61)

γ
1−bE

h
∆bc∗t+1 − b∆bc∗t − ³1−ββ ´ ¡bc∗t − bbc∗t−1¢ | H∗t i

≈ −E
h
nbπH∗t+1 + (1− n) bπF∗t+1 − γ

³
1−β
β

´ ¡
nbpH∗t + (1− n) bpF∗t ¢

| H∗t
i
− E

h
γ
³
1−β
β

´ bm∗t +∆bξ∗t+1 | H∗t i .(62)
Second, I combine the aggregate-supply equations in (55) − (58) with the definition of relative prices and
the real exchange rate in (38)− (40), to define the four supply-side equations of the economy as follows,

bπHt ≈ βE
hbπHt+1 | Fti+ kHπ bπHt + kHπ∗bπH∗t + kHc E

h
γ
1−b (bct − bbct−1) + ϕbcWt − (1 + ϕ)bat | Fti+

+ E
£
kHrsbst − ¡kHt + nkHrs

¢ bpHt + ¡kHt∗ + nkHrs
¢ bpH∗t +

¡
kHt − (1− n) kHrs

¢ bpFt − ¡kHt∗ − (1− n) kHrs
¢ bpF∗t | Ft

¤
,

(63)

bπH∗t ≈ βE
hbπH∗t+1 | Fti+ kH∗π bπHt + kH∗π∗ bπH∗t + kH∗c E

h
γ
1−b (bct − bbct−1) + ϕbcWt − (1 + ϕ)bat | Fti+

+ E
£
kH∗rs bst − ¡kH∗t + nkH∗rs

¢ bpHt + ¡kH∗t∗ + nkH∗rs
¢ bpH∗t +

¡
kH∗t − (1− n) kH∗rs

¢ bpFt − ¡kH∗t∗ − (1− n) kH∗rs
¢ bpF∗t | Ft

¤
,
(64)

bπFt ≈ βE
hbπFt+1 | F∗t i+ kFπ bπFt + kFπ∗bπF∗t + kFc E

h
γ
1−b

¡bc∗t − bbc∗t−1¢+ ϕbcWt − (1 + ϕ)ba∗t | F∗t i+
+ E

£
kFrsbst − ¡kFt + nkFrs

¢ bpHt + ¡kFt∗ + nkFrs
¢ bpH∗t +

¡
kFt − (1− n) kFrs

¢ bpFt − ¡kFt∗ − (1− n) kFrs
¢ bpF∗t | F∗t

¤
,

(65)

bπF∗t ≈ βE
hbπF∗t+1 | F∗t i+ kF∗π bπFt + kF∗π∗ bπF∗t + kF∗c E

h
γ
1−b

¡bc∗t − bbc∗t−1¢+ ϕbcWt − (1 + ϕ)ba∗t | F∗t i+
+ E

£
kF∗rs bst − ¡kF∗t + nkF∗rs

¢ bpHt + ¡kF∗t∗ + nkF∗rs
¢ bpH∗t +

¡
kF∗t − (1− n) kF∗rs

¢ bpFt − ¡kF∗t∗ − (1− n) kF∗rs
¢ bpF∗t | F∗t

¤
,
(66)
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where the coefficients of composite parameters are given by,

kHπ ≡ −
³
αH∗−αH
αH∗

´³
ϕθ(1−n)
1+ϕθ

´
ϕθn, kH∗π ≡

³
αH∗−αH
αH∗

´³
1−αH∗
1−αH

´³
1+ϕθn
1+ϕθ

´
ϕθn,

kHπ∗≡
³
αH−αH∗

αH

´³
1−αH
1−αH∗

´³
1+ϕθ(1−n)

1+ϕθ

´
ϕθ (1− n) , kH∗π∗ ≡ −

³
αH−αH∗

αH

´³
ϕθn
1+ϕθ

´
ϕθ (1− n) ,

kHc ≡ΦH
³
1+ϕθ(1−n)

1+ϕθ

´
−ΦH∗H

³
ϕθ(1−n)
1+ϕθ

´
, kH∗c ≡ΦH∗

³
1+ϕθn
1+ϕθ

´
−ΦHH∗

³
ϕθn
1+ϕθ

´
,

kHrs≡ΦH∗H
³
ϕθ(1−n)
1+ϕθ

´
, kH∗rs ≡ −ΦH∗

³
1+ϕθn
1+ϕθ

´
,

kHt ≡

⎡⎣ ΦH ³ (1−n)(1+ϕθ(1−n))(1+ϕσn)1+ϕθ

´
−

−ΦH∗H
³
(1−n)2ϕθ(ϕσn)

1+ϕθ

´ ⎤⎦ , kH∗t ≡

⎡⎣ ΦH∗ ³ (1−n)nϕσ(1+ϕθn)1+ϕθ

´
−

−ΦHH∗
³
(1−n)nϕθ(1+ϕσn)

1+ϕθ

´ ⎤⎦ ,
kHt∗≡

⎡⎣ ΦH∗H ³
(1−n)2(1+ϕσ(1−n))ϕθ

1+ϕθ

´
−

−ΦH
³
(1−n)2(1+ϕθ(1−n))ϕσ

1+ϕθ

´ ⎤⎦ , kH∗t∗ ≡

⎡⎣ ΦHH∗

³
(1−n)2(ϕθn)ϕσ

1+ϕθ

´
−

−ΦH∗
³
(1−n)(1+ϕθn)(1+ϕσ(1−n))

1+ϕθ

´ ⎤⎦ ,
kFπ≡ −

³
αF∗−αF
αF∗

´³
ϕθ(1−n)
1+ϕθ

´
ϕθn, kF∗π ≡

³
αF∗−αF
αF∗

´³
1−αF∗
1−αF

´³
(1+ϕθn)ϕθn

1+ϕθ

´
,

kFπ∗≡
³
αF−αF∗

αF

´³
1−αF
1−αF∗

´³
ϕθ(1−n)(1+ϕθ(1−n))

1+ϕθ

´
, kF∗π∗ ≡ −

³
αF−αF∗

αF

´³
(ϕθn)ϕθ(1−n)

1+ϕθ

´
,

kFc ≡ΦF
³
1+ϕθ(1−n)

1+ϕθ

´
−ΦF∗F

³
ϕθ(1−n)
1+ϕθ

´
, kF∗c ≡ΦF∗

³
1+ϕθn
1+ϕθ

´
−ΦFF∗

³
ϕθn
1+ϕθ

´
,

kFrs≡ΦF
³
1+ϕθ(1−n)

1+ϕθ

´
, kF∗rs ≡ −ΦFF∗

³
ϕθn
1+ϕθ

´
,

kFt ≡

⎡⎣ ΦF∗F

³
n2ϕθ(1−n)ϕσ

1+ϕθ

´
−

−ΦF
³
n(1+ϕθ(1−n))(1+ϕσn)

1+ϕθ

´ ⎤⎦ , kF∗t ≡

⎡⎣ ΦFF∗ ³n2ϕθ(1+ϕσn)1+ϕθ

´
−

−ΦF∗
³
n2(1+ϕθn)ϕσ

1+ϕθ

´ ⎤⎦ ,
kFt∗≡

⎡⎣ ΦF ³nϕσ(1−n)(1+ϕθ(1−n))1+ϕθ

´
−

−ΦF∗F
³
nϕθ(1−n)(1+ϕσ(1−n))

1+ϕθ

´ ⎤⎦ , kF∗t∗ ≡

⎡⎣ ΦF∗ ³n(1+ϕθn)(1+ϕσ(1−n))1+ϕθ

´
−

−ΦFF∗
³
nϕσ(1−n)(ϕθn)

1+ϕθ

´ ⎤⎦ ,
ΦHH∗ ≡

µ
(1−βαH)(1−αH∗)

αH

¶
, ΦH∗H ≡

µ
(1−βαH∗)(1−αH)

αH∗

¶
,

ΦFF∗ ≡
µ
(1−βαF )(1−αF∗)

αF

¶
, ΦF∗F ≡

µ
(1−βαF∗)(1−αF )

αF∗

¶
,

Φi ≡
µ
(1−βαi)(1−αi)

αi

¶
, i = H,H∗, F, F ∗,

Third, I combine my version of the uncovered interest parity equation in (59), the price indexes in (36)−(37)
and the money market equations in (47)−(48), to define the financial-side equation of the economy as follows,

E
h
∆bst+1 + γ

³
1−β
β

´
(bmt − bm∗t )− δ bBRF

t | It
i

≈
³
1−β
β

´
E
h
γ
¡
n
¡bpHt − bpH∗t ¢

+ (1− n)
¡bpFt − bpF∗t ¢¢

+ γ
1−b

¡bct − bc∗t − b
¡bct−1 − bc∗t−1¢¢ | Iti , (67)

where δ ≡ λ 1
1−b

³
1−β
χ

´ 1
γ

. Forth, I combine the current account equation in (60) with the definition of

relative prices and the real exchange rate in (38) − (40), to define the ‘international’-side equation of the
economy as follows,

β bBRF
t ≈ bBRF

t−1 + (1− n)
£bst − nσbpHt + (1− (1− n)σ) bpH∗t − (1− nσ) bpFt + (1− n)σbpF∗t − (bct − bc∗t )¤ . (68)

Let me denote bzt = ³bct,bc∗t , bpHt , bpH∗t , bpFt , bpF∗t , bst, bBRF
t

´T
the (8× 1) vector of all relevant endogenous vari-

ables determined at time t. Let me denote bθt = ³bmt, bm∗t ,∆bξt,∆bξ∗t ,bat,ba∗t´T the (6× 1) vector of exogenous
variables at time t. The elements in bzt and bθt are expressed in deviations relative to their deterministic
steady state values. In my paper ‘A Monetary Model of the Exchange Rate with Informational Frictions’ I
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study the model configured in equations (61)− (68). All other endogenous variables, like the real exchange
rate or the CPI inflation rates, can be linearly approximated as functions of bzt. I conjecture that the solutionbzt to this system of equations takes the form of a VARMA process where the MA part depends on current
and past realizations of bθt. Notice, however, that a solution may not exist for certain range of values in
the parameter space. For more details on the solution method, read my paper or -even better- Christiano’s
(2002) paper.
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